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Abstract
The frequency mismatch caused by material defects and geometric errors during the manufacturing process is a
critical factor limiting the performance of micro-shell resonator gyroscope (MSRG). Compared with other MEMS
gyroscopes, the frequency mismatch of MSRG can fundamentally be reduced by mechanical trimming. However, it is
challenged by the precise characterization. Previous studies about the characterization of frequency mismatch are
almost based on frequency spectrum analysis and sweeping, which can only meet the requirement of trimming
efficiency of over 100 mHz, limited by the signal noise and temperature drift. In this paper, a novel characterization
method of frequency mismatch based on the quadrature-control force under the self-precession mode is proposed to
meet the requirement of high-precision mechanical trimming. Furthermore, the phase errors which affect the accuracy
of characterization is analyzed, and methods for the correction of phase errors are proposed. Based on this
characterization method, 0.32 mHz frequency mismatch of micro-shell resonator is achieved by mechanical trimming,
which is the best-reported performance for mechanical trimming of MEMS gyroscopes so far. More importantly, this
novel characterization method can be applied for other kinds of resonators which can be mechanical trimmed.

Introduction
The micro-shell resonator gyroscope (MSRG) is

inspired by the hemispherical resonator gyroscope (HRG),
with advantages of small size, low power consumption,
and cost-effectiveness. It exhibits significant application
potential in small guided weapons and unmanned sys-
tems1–3. The frequency mismatch, which is inevitably
caused by material defects and manufacturing errors
during the manufacturing process of micro-shell reso-
nator, represents the difference of the resonant fre-
quencies between two n= 2 modes4,5. It is a critical factor
for the improvement of MSRG performance, which has
negative effects on the mechanical sensitivity, and causes
bias drift. Therefore, it is necessary to develop a high-
precision frequency mismatch trimming methods for

mode match to improve the performance of the
gyroscope.
Electrostatic and mechanical trimming methods are

instrumental in reducing frequency mismatch for micro-
shell resonators. Electrostatic trimming method leverages
the electrostatic negative stiffness effect to regulate the
local stiffness of the micro-shell resonator by applying a
direct voltage on the tuning electrodes, achieving fre-
quency mismatch trimming without physically modifying
the resonator structure6,7. The frequency mismatch of
MSRG can be reduced from 7 Hz to <0.1 Hz by applying a
tuning voltage over 50 V on the tuning electrodes8.
However, this method needs the incorporation of addi-
tional tuning electrodes, and the applied voltage may
bring extra instable factors to the system especially under
different temperatures9,10. Mechanical trimming can
fundamentally reduce frequency mismatch by directly
altering the mass or stiffness of micro-shell resonator,
which can get rid of the tuning electrodes and enable all
electrodes to be dedicated solely to detection and
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actuation functions, enhancing the sensing SNR and
driving efficiency. Precise frequency mismatch char-
acterization followed by refined mass removal is essential
for high-precision mechanical trimming. The character-
ization of frequency mismatch of MSRG are almost based
on frequency spectrum analysis and sweeping, which can
only meet the requirement of trimming efficiency of over
100mHz11–13. Besides, the characterization methods
based on frequency output under self-precession mode
are widely used in MSRG, and a 5mHz frequency mis-
match trimming can be achieved14. Nevertheless, these
methods have the limitations of high-level noise and fre-
quency drift with temperature, which cannot meet the
requirement of characterizing frequency mismatch below
1mHz. Additionally, mechanical grinding process, che-
mical etching trimming process, micro ultrasonic
machining process are also widely employed in frequency
mismatch trimming of various resonator structures15–17.
But these methods are constrained by the mathematical
and physical limitations of the removal functions, hin-
dering their ability to meet the stringent accuracy
requirements of the below 1mHz frequency mismatch
trimming. To date, there have been no reported cases of
achieving the frequency split of micro-shell resonator to
below 1mHz by mechanical trimming, whereas the
hemispherical resonator has been demonstrated such
precision. For coated hemispherical resonator, a fre-
quency split and azimuth of stiffness axis identification
model based on the vibration envelope and spectral ana-
lysis is widely employed, and frequency split can be
reduced to 0.6 mHz combining with ion beam etching
process18. The frequency mismatch of uncoated hemi-
spherical resonator can be identified by the high precision
orbital parameter identification algorithm based on non-
linear least square method has been proposed, and the
frequency split of resonators can be reduced to 0.05 mHz
based on the focus ion beam etching process19. However,
these methods are not applicable to micro-shell resonator
with small size and lower Q-factors.
In this paper, 0.32mHz frequency mismatch of MSRG

without tuning electrodes is achieved by ultra-precision
mechanical trimming with femtosecond laser process. And
the frequency mismatch of MSRG is characterized based on
the quadrature-control force under the self-precession
mode. The characterization model of frequency mismatch
with the phase errors is established based on Lynch’s theory,
which subsequently facilitates the analysis of the effects of
phase errors on characterization accuracy, leading to the
proposal of identification and correction methods for
phase errors. The aforementioned methods are verified by
the simulations and experiments. Finally, experiments
results demonstrate that 0.32mHz frequency mismatch
trimming of micro-shell resonator can be achieved by using
an online femtosecond-laser mechanical-trimming platform

combining with the proposed characterization method.
Furthermore, this method can also be widely applied to
other kinds of resonator structures to reduce the frequency
mismatch.

Methods and analysis
Description of structure and effects of frequency mismatch
The MSRG consists of micro-shell resonator and electrode

substrate which are made of fused silica with a low coefficient
of thermal expansion to ensure stable resonance properties,
shown in Fig. 1a. The micro shell resonator is fabricated by
high temperature micro-glassblowing process and ultrafast
laser ablation20–24. Electrode substrate consists of the driving
and sensing electrodes manufactured by the MEMS planar
process, shown in Fig. 1b. The micro-shell resonator is
bonded to the electrode substrate through the anchor, and
the inner surface of the micro-shell is plated with a metal
film to improve the conductivity25. There are 48 teeth-shape
structures distributed along the micro-shell resonator’s cir-
cumference, forming capacitors with the planar electrodes to
drive and sense the vibration mode. The equivalent mass of
the vibrating mode can be primarily altered by removing or
adding mass from the teeth-shape structure, which can avoid
the complexity of the trimming algorithm caused by the
mass-stiffness coupling, facilitating the efficient and high-
precision mechanical trimming. Two n= 2 wineglass modes
of the micro-shell resonator are selected as working modes,
which can achieve long decay times of over 90 s and high
Q-factors of over 2.13M, as shown in Fig. 1c.
Due to the inherent rotational symmetry of micro-shell

resonator, the MSRG exhibits operational versatility to
work in both force-balanced or whole-angle modes.
However, geometric errors and material non-uniformity
of micro-shell resonator will cause non-uniform mass and
stiffness distributions during the manufacturing process,
resulting in an inevitable initial frequency mismatch that
detrimentally impacts gyroscope performance. In the
force-balanced mode, the zero bias of the gyroscope
caused by the frequency mismatch is mathematically
represented26 as

_θb ¼ FQΔϕ

SF
¼ Δω sinð2θωÞΔϕ ð1Þ

Where FQ denotes quadrature-control force, SF is scale
factor, Δϕ represents phase error, Δω and θω are
frequency split and the azimuth of the stiffness axis,
respectively. Analogously, in the whole-angle mode, the
zero bias expression takes the form27 as

_θb ¼
f qcΔϕ

RSF
¼ Δω sin 2ðθ � θωÞΔϕ ð2Þ

Where fqc is quadrature-control force, RSF represents
force-to-rotation scale factor, θ is the pattern angle.
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Given a frequency split of 1 mHz and a reported optimal
phase error of 10 ppm28, an estimation of the maximum
zero bias can be derived as follows

_θb ¼ ΔωΔϕ ¼ 1 ´ 10�3 ´ 2π ´ 57:3 ´ 3600 ´ ð10 ´ 10�6Þ ¼ 0:013°=h

ð3Þ

According to the analysis encapsulated in Eq. (3),
achieving the accuracy standards demanded by
navigation-grade gyroscopes (with a zero bias <0.01°/h)
necessitates a reduction in the frequency mismatch below
1mHz.

Effects of trimming parameters on frequency mismatch
Based on the model of the mass and stiffness variations

in the resonant structure, the mass variation of the micro-
shell resonator is comprehensively analyzed, and a theo-
retical framework is established29. In practical resonators,
there are mismatches in mass and stiffness, resulting in an
initial frequency split known as Δω0 and the azimuth of
high-frequency axis denoted as ψ01, shown in Fig. 2a. To
mitigate frequency mismatch, the mechanical trimming
method is employed, which involves removing mass.
When a mass trimming term λm

PNm

j¼1
mjei4ϕj adding to the

expression of the initial frequency mismatch, the

frequency mismatch after trimming can be mathemati-
cally represented as

Δω1e
i4ψ1 ¼ Δω0e

i4ψ01 þ λm
XNm

j¼1

mje
i4ϕj ð4Þ

Where λm ¼ ðð1� α22Þω0Þ=ðð1þ α22ÞM0Þ is a coefficient
dependent on the resonator’s mechanical properties and
can be empirically determined through trimming experi-
ments. Specifically, it can be determined by using
femtosecond lasers to ablate varying masses along the
azimuth of the stiffness axis. Subsequently, the corre-
sponding reduction in frequency split is measured for
each amount of mass removed. Finally, the resultant data
is fitted with a linear function to establish the calibration.
α2 represents the ratio of the radial amplitude to the
tangential amplitude of the resonant structure, ω0 and M0

denote the resonant frequency and mass. mj and ϕj

represent trimming mass and azimuth.
To evaluate the impact of trimming parameters, the

numerical simulations are conducted in accordance with
the theoretical model. For the simulations, the initial
frequency split Δω0 is set to 100 mHz and the azimuth of
low-frequency axis is assumed to be 45°, and λm is cali-
brated to be 0.2 mHz/ng based on experimental data.
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Fig. 1 The description of the micro-shell resonator. a Schematic illustration of the micro-shell resonator’s fabrication process and structure of
micro-shell resonator. b Electrode configuration of the MSRG without tuning electrode. c Ring-down tests of two n= 2 wineglass modes
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Figure 2b shows the variations in frequency mismatch as
a function of trimming parameters. Notably, a precise
mass removal of 500 ± 5 ng at the azimuth of low-
frequency axis is necessary to reduce the frequency split
to <1 mHz, highlighting the necessity for nanogram-
level accuracy in mass removal, by femtosecond lasers.
And it is essential to realize a characterization error of
stiffness axis azimuth of <0.2° to achieve frequency split
trimming below 1 mHz, as shown in Fig. 2c. This pre-
cision requirement underscores the importance of
employing a highly precise characterization method of
frequency mismatch.

Characterization method of frequency mismatch
The core idea of this novel characterization method for

frequency mismatch of micro-shell resonator is based on
the self-precession mode, which is an operation mode of
the whole-angle gyroscopes. The control system of whole-
angle MSRG comprises a micro-shell resonator and an
electronic control circuitry, as depicted in Fig. 3. Specifi-
cally, the micro-shell resonator serves as a Coriolis force-
sensitive element which can sense rotational motion.
Regarding the electronic control system, it is constructed
by utilizing the printed circuit boards (PCB) and a field-
programmable gate array (FPGA) platform. The PCB
incorporates both digital-to-analog converters (DAC) and
analog-to-digital converters (ADC), facilitating the

detection and actuation of the resonator vibrations. The
FPGA platform is tailored to perform various digital signal
processing and execute intricate control algorithms,
ensuring robust system performance.
According to Lynch’s theory30, under the whole-angle

mode, the relationship between the control forces and
control variables of vibration can be formulated as follows

_E ¼ �½2τ þ Δð1τÞ cos 2ðθ � θτÞ�E �
ffiffiffi
E

p
ω f as

_Q ¼ � 2
τQ� Δω sin 2ðθ � θτÞE þ

ffiffiffi
E

p
ω f qc

_θ ¼ �kΩþ 1
2Δð1τÞ sin 2ðθ � θτÞ þ 1

2Δω cos 2ðθ � �θωÞ QE �
f qs

2ω
ffiffiffi
E

p

δ _ϕ ¼ _ϕþ 1
2Δω cos 2ðθ � θωÞ þ 1

2Δð1τÞ sin 2ðθ � θωÞ QE þ f ac
2ω

ffiffiffi
E

p

ð5Þ

Where E represents the energy, maintained by the
energy-control loop, Q stands for quadrature error,
suppressed to zero by the quadrature-control loop. And
θ and δϕ are the pattern angle and the phase difference
between actuation and detection signals, respectively. Ω
is the input rotation rate, k is the angular gain of input
rotation rate Ω. θτ and θω are the azimuths of the
damping and stiffness principal axes respectively, Δω
and Δ(1/τ) indicate the frequency split and damping
mismatch of MSRG. The control forces fas, fqc, fqs and fqc
represent the output forces of control loops of energy,
quadrature, pattern angle and frequency, respectively.
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As observed from Eq. (5), when a constant value of
virtual rotating force fqs is applied to the MSRG to induce
a stable vibration mode precession rate Ωv in the absence
of an external angular rate input, the quadrature-control
force fqc can be expressed as

f qc ¼ RSF ´
1
2
Δω sin 2ðθ � θωÞ ð6Þ

where RSF= -fqs/Ωv= 2ωE1/2 represents force-to-rotation
scale factor. The components λa and λb of fqc versus sin2θ
and cos2θ can be identified by the least squares method,
and then the frequency split Δω and azimuth of stiffness
axis θω can be calculated as

Δω ¼
2

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
λ2a þ λ2b

q
RSF

; θω ¼ 1
2
arctan

λb
λa

� �
ð7Þ

Compared with the characterization method based on
the frequency output under the self-precession mode, this
method not only avoids the effect of temperature drift, but
also has better SNR and resolution. However, this method
cannot directly obtain the frequency mismatch, which
may cause characterization errors. Therefore, it is neces-
sary to analyze the sources of characterization errors and
make corresponding corrections to achieve high-precision
characterization.

Analysis of the effects of phase error on characterization
accuracy of frequency mismatch
The primary error source for the characterization

method is phase error, which mainly comes from the
phase delay of the analog circuitry and digital low-pass
filters (LPF). In control electronics, a high-frequency

carrier is employed to mitigate the effects of electrical
interference and low-frequency coupling. In general, the
sections of phase delay mainly include carrier demodu-
lation, a capacitance-to-voltage converter, LPF, ADC, and
DAC. When the phase error of x and y channels are Δφ1

and Δφ2 respectively, the quadrature-control force fqc can
be expressed as

fqc ¼ RSF ´
1
2
Δω sin 2ðθ � θωÞ þ fqs

´
sinΔφ1 þ sinΔφ2

2
þ sinΔφ1 � sinΔφ2

2
cos 2θ

� �

ð8Þ

Therefore, the calculated frequency split and azimuth of
stiffness axis are respectively given by the following
equations

Δω
0 ¼

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
ðRSF ´Δω cos 2θωÞ2þðfqs ´ δΔϕ�RSF ´Δω sin 2θωÞ2

p
RSF

¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
ðΔωÞ2 þ ðΩv ´ δΔϕÞ2 � 2ΩvδΔϕ´Δω sin 2θω

q

ð9Þ

θ
0
ω ¼ 1

2
arctan½tan 2θω � ΩvδΔϕ

Δω cos 2θω
� ð10Þ

where δΔϕ= sinΔφ1-sinΔφ2 ≈Δφ1-Δφ2 represents the
difference of phase error between x and y channels.
On the basis of the above theoretical analysis, it is

observed from Eqs. (9) and (10) that the characteriza-
tion error of frequency split and azimuth of stiffness
axis arise owing to the phase errors. The character-
ization error of frequency split caused by different
phase errors under different θω from 0° to 180° are
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researched by simulation. As shown in Fig. 4a, the
phase error will cause largest characterization error of
frequency split under the azimuth of stiffness axis of
45° and 135°. In order to ensure the characterization
precision of frequency split of below 1 mHz, the phase
error must be to corrected to below 0.05°. To investi-
gate the effects of the phase errors, simulations are
conducted to analyze the characterization error of
azimuth of stiffness axis caused by phase errors. During
the simulation, the phase error δΔϕ is altered from
−0.1° to 0.1° to investigate the effects of different phase
error δΔϕ under different initial frequency split from
1 mHz to 100 mHz, with the initial azimuth of stiffness
axis is 20°. As shown in Fig. 4b, it is found that the
phases error δΔϕ must be to corrected to below 0.06° in
order to ensure that the characterization accuracy of
the azimuth of stiffness axis is <0.2°, thereby meeting
the requirements of frequency split trimming below
1 mHz from the mechanical trimming model above.
The identification method of the phase error is based on

the relationship between the control forces fas and fac. To
be specific, under the assumption that the phase errors of
x and y channels are respectively denoted by Δφ1 and Δφ2,

the control force fas of the energy-control loop can be
expressed as

f as ¼ RSF ´
1
τ
þ 1
2
Δð1

τ
Þ cos 2ðθ � θτÞ

� �

þf ac ´
sinΔφ1 þ sinΔφ2

2
þ sinΔφ1 � sinΔφ2

2
cos 2θ

� �

ð11Þ

To further analyze this relationship, the partial deriva-
tive of fas with respect to fac is derived as

∂f as
∂f ac

¼ sinΔφ1 þ sinΔφ2

2
þ sinΔφ1 � sinΔφ2

2
cos 2θ

ð12Þ

Specifically, by setting the angular parameter θ
to 0°, the equation (12) undergoes a simplification,
yielding

∂f as
∂f ac

¼ sinΔφ1 ð13Þ
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Analogously, when θ is set to 90°, the equation (12) is
simplified as

∂f as
∂f ac

¼ sinΔφ2 ð14Þ

From Eqs. (13) and (14), the phase errors of x and y
channels are identified. And the phase errors are cor-
rected by the phase shift module. Specifically, for x
channel, the correction of phase error is carried out by
shifting the NCO phase by Δφ1 and the output refer-
ence signal becomes cos(ωt+ Δφ1) instead of
cos(ωt+ φ). The same principle is applied to y channel,
as shown in Fig. 3. After the correction of phase errors,
the frequency mismatch can be accurately
characterized.
In order to verify this phase error identification and

correction method, a micro-shell resonator gyroscope
with an initial phase error of ~0.7° is chosen as the
device for experiments. According to the Eq. (11), the
amplitude of control force fas varies with the growth of
control force fac, due to the phase error. During the
experiments, the control force fas of the whole-angle
gyroscope has been collected with a 1 Hz sampling rate
for 30 s under every fac value, ranging from −8196 LSB
to 8196 LSB. The averaged value of fas is taken as the
final output when the pattern angle θ is controlled to
stay at 0° or 90°, respectively. Subsequently, a linear
function is employed to fit the results to obtain the
phase errors. As shown in Fig. 4c, d, the original phase
error Δφ1 and Δφ2 are found to be 0.7192° and
−0.6313°, respectively. When the phase errors are
corrected by the phase shift module, the phase errors
Δφ1 and Δφ2 respectively are reduced to −0.0043° and
0.0083° satisfying the requirements of below 0.06°
for high-precision characterization of frequency
mismatch.

Experiments and results
Verification of the characterization of frequency mismatch
The characterization method of frequency mismatch

based on the quadrature-control force under the self-
precession mode is compared with the characterization
method based on the direct frequency output to verify its
effectiveness. According to the Eq. (5), when a constant
rate of precession is applied to gyroscope and the quad-
rature quantity is suppressed to zero by the quadrature-
control loop, the frequency output of the gyroscope at
different pattern angle θ can be presented as

ω ¼ ω0 � 1
2
Δω cos 2ðθ � θωÞ ð15Þ

The difference between the highest and lowest points of
the curve is the frequency split Δω, and angles corre-
sponding to the highest point and the lowest point are
the stiffness axis azimuths. A micro-shell resonator
gyroscope with a frequency split of >100 mHz is chosen as
the device for experiments and the data is collected under
stable temperature conditions in order to avoid the
influence of temperature drift on the characterization
from frequency output. As illustrated in Fig. 5, when a
precession rate of 6°/s is applied to the gyroscope, the
characterization result given by the direct frequency
output is a frequency split of 145.80 mHz and the azimuth
of stiffness axis of −21.97°. Afterward, the frequency
mismatch is obtained based on the quadrature-control
force after the phase errors are corrected by the phase
shift module with a frequency split of 145.31 mHz and the
azimuth of stiffness axis of −21.80°. The experimental
results demonstrate that the frequency split given by the
two characterization methods differs by 0.49 mHz, and
the stiffness axis angle differs by <0.20°. Consequently, the
method based on the quadrature-control force under the
self-precession mode is effective and precise enough.
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Fig. 5 The characterization of frequency mismatch based on the self-precession mode. a The self-precession mode. b Characterization results
of frequency mismatch based on quadrature-control force and direct frequency output
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Femtosecond laser trimming system and frequency
mismatch trimming process
In order to verify the proposed precise characterization

and mechanical trimming method, an online trimming
system based on femtosecond laser technology is built, as
shown in Fig. 6a. The Pharos Ph1-20-0200-06-10 laser is
employed for the precise mechanical trimming, featuring
a wavelength of 343 nm, a laser power of 5W, and a
repetition rate of 100 kHz. In addition to the laser wave-
length, other laser parameters are adjustable. The inter-
action of femtosecond laser with fused silica is very
complicated. In order to avoid stress and metal film
ablation caused by laser action during the trimming
process, the method of controlled variables is used to
optimize the laser parameters. The operation process of
frequency mismatch trimming system has been described
as follow: 1. a micro-shell resonator with control circuits
is placed on a motion platform equipped with rotational
and translational degrees of freedom, enabling the precise
positioning of the low-frequency axis of the resonator
directly beneath the femtosecond laser. 2. the frequency
mismatch is characterized by the control system after
correction for the phase errors. 3. the required mass at
specific location of resonator is removed by the femto-
second laser according to the characterization results.
After completing one turn trimming following the steps

above, the frequency mismatch is measured again. If the
results can not satisfy the requirement, the trimming
procedures are repeated as described above. It should be
noted that the scale factor will change due to the tem-
perature effects. In order to avoid its influences on the
characterization of the frequency split, the value of scale
factor is identified and updated in real time by collecting
the data of applied virtual rotating force fqs and respon-
sive precession rate Ωv. The entire system operates within
a vacuum chamber with a vacuum degree of 0.1 Pa, which
allows characterization and mass removal simultaneously
to improve the mechanical trimming efficiency.
The MSRG M01with the resonant frequency of about

6135Hz and initial frequency split of 129.80mHz is chosen
for trimming experiment, as depicted in Fig. 6b. It under-
went three rounds of trimming, resulting in a reduction of
the frequency split to below 1mHz. Figure 6b, c depict the
frequency and quadrature-control force variation during
the trimming process. As shown in Fig. 6b, the resonant
frequency changes from 6134Hz to 6136Hz due to the
temperature drift, and the frequency mismatch cannot be
directly characterized by frequency output when the fre-
quency split is reduced to below 1mHz. Simultaneously,
the amplitude of quadrature-control force also gradually
decreases, eventually reaching a state of minimal fluctua-
tions, shown in Fig. 6c. After 3 rounds of trimming, the
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frequency split characterized based on the quadrature-
control force under the self-precession mode is reduced
from 129.8mHz – 0.32mHz, and the azimuth of stiffness
axis is kept almost unchanged of near −20°. For all three
trimming processes, the laser parameters were set to a
power of 1.5W, a repetition rate of 33 kHz, and a scanning
speed of 120mm/s, and concentric circles with diameters
of 100 um, 60 um, and 30 um were etched respectively. The
etched depth and morphology are the combined results of
the laser parameters and the etched pattern, which also
decided the removing masses. The experimental result
shows that the proposedmethod has excellent performance
to achieve frequency mismatch of below 1mHz of the
micro-shell resonator.
In order to to verify the repeatability of the mechanical

trimming with high precision below 1mHz by the new
characterization method, the MSRG M02 and M03, with
initial frequency splits of 133.95 mHz and 122.02 mHz
respectively, are chosen for trimming experiments. The
frequency split trimming results of the MSRG M02 is
shown in Fig. 7a, b. For the MSRG M02, frequency split is

decreased from 133.95 mHz to 0.49 mHz after seven
trimming cycles. Similarly, by combining this character-
ization method with mechanical trimming method, the
frequency split of the MSRG M03 is reduced from
122.02 mHz – 1.00mHz, as depicted in Fig. 7c, d. It can be
seen that, through the proposed method, applying fem-
tosecond laser etching as a mechanical trimming method
to decrease frequency split of micro-shell resonators to
achieve below 1mHz grade is not only effective, but also
repeatable.

Conclusion
This paper presents a 0.32 mHz frequency mismatch of

MSRG without tuning electrodes achieved by ultra-
precision mechanical trimming. The effect of frequency
mismatch on the performance of MSRG is analyzed, and
the model of frequency trimming based on mass removal
is established to present the characterization precision
demand of frequency mismatch. A novel characterization
method of frequency mismatch based on the quadrature-
control force under the self-precession mode is proposed to
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meet the requirement of high-precision mechanical trim-
ming. The complete control system under whole-angle
mode is established to analyze the effect of phase errors on
characterization accuracy of frequency mismatch, which is
then corrected by the phase shift module. Meanwhile,
simulations and experiments are also carried out to verify
the effectiveness of this novel method. Combining this
characterization method with the online femtosecond laser
mechanical trimming platform, frequency split trimming
below 1mHz is achieved on three micro-shell resonators.
The best result that frequency mismatch of micro-shell
resonator is reduced from 129.80mHz – 0.32mHz. It is the
best performance for mechanical trimming of MSRG so far,
which is ten times than the current reported results. In the
future, the MSRG without tuning electrodes will hold
considerable potential for application in high-precision
inertial navigation systems.
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