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Magnetoresistance in the Spin-
Orbit Kondo State of Elemental 
Bismuth
Luis Craco1 & Stefano Leoni2

Materials with strong spin-orbit coupling, which competes with other particle-particle interactions 
and external perturbations, offer a promising route to explore novel phases of quantum matter. 
Using LDA + DMFT we reveal the complex interplay between local, multi-orbital Coulomb and spin-
orbit interaction in elemental bismuth. Our theory quantifies the role played by collective dynamical 
fluctuations in the spin-orbit Kondo state. The correlated electronic structure we derive is promising 
in the sense that it leads to results that might explain why moderate magnetic fields can generate 
Dirac valleys and directional-selective magnetoresistance responses within spin-orbit Kondo metals.

Elemental bismuth, a material with a strong spin-orbit (SO) interaction, plays a key role in solid-state 
physics1 and in the history of metals2–4. During the last two decades, it has been investigated with respect 
to both its fundamental properties5–10 and its possible applications11,12. Its one-electron band structure 
displays an indirect negative band gap between the valence band maximum and the conduction band 
minima13. Because of the small valence and conduction band overlap bismuth is semimetal with a reduced 
number of charge carriers at the Fermi energy, EF. Beyond the inherent importance of exploring complex 
phases of quantum matter5,6, semimetal Bi is a material of great interest for technological applications 
involving use in spintronic devices14 and in magnetic field sensing15. Of particular interest for techno-
logical applications is the magnetoresistance (MR) effect16 which persists up to room temperature (T)11.

During the 20th century, transport properties of bismuth were extensively studied1,4. In the early 
1930s, it was discovered that the resistivity of bismuth crystals increases by several orders of magni-
tude in the presence of external magnetic fields2,3. This remarkable phenomenon gives rise to large MR 
effects17. In fact, P-band semimetals like bulk bismuth and graphite undergo a metal-insulator-like tran-
sition upon exposure to modest magnetic fields18. The MR phenomena is believed to originate from an 
extremely small Fermi surface, very low carrier concentrations, long carrier mean-free paths and small 
effective fermion (electron/hole) masses. Resistivity studies also suggest that the Fermi liquid (FL) T2 
dependence works quite well down to 4 K19. However, a detailed low-T study showed significant devia-
tion from canonical FL systems, where the T2 behaviour changes smoothly into a T5-like form at very low 
temperatures20. Microscopic quantum theories involving the coupling between electrons and phonons21 
or electron and holes (with different masses)22 have been proposed to explain this exotic low-T behavior. 
Complex low-energy physics in bismuth is also unveiled by optical measurements, showing large changes 
in plasma frequency and anomalous midinfrared features23,24. When considered altogether, these data are 
compelling evidence of unconventional electronic degrees of freedom in bismuth. Despite many years of 
research effort, it is of prime importance to revisit its bulk electronic structure and transport properties 
in view of understanding the intrinsic nature of competing quantum fluctuations in this system. What 
is the source of the electronic excitations in this rhombohedral one-band semimetal? Why is resistivity 
drastically enhanced by the application of moderate magnetic fields?

Deviations from FL-like behaviour6,11,18,20 and Hall coefficient measurements suggest that electronic 
correlations in bismuth may require serious consideration as this element may host an exotic quantum 
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liquid5. In semimetals, where charge carriers interact via Coulomb interactions25 a treatment of dynamical 
correlations is required. Accordingly, self-consistent dynamical mean-field theory (DMFT) calculations 
in combination with local-density approximation (LDA) were performed. LDA +  DMFT has proven to 
be the state-of-the-art method of choice for correlated materials26. In Bi-chalcogenide p-band topological 
insulators, we have recently shown that Kondo- and Mott-like features are well accounted for by the dia-
grammatic multi-orbital (MO) iterated-perturbation-theory27,28, which requires incorporation of sizeable 
MO Hubbard and SO interactions. As in the case of graphite29, here we demonstrate that a MO Kondo 
scenario also emerges for elemental bismuth, owing to their common layered character. If bismuth is 
considered a moderately correlated semimetal (with Ueff  ≡ U/WLDA ≈  1, U and WLDA are, respectively, the 
on-site Coulomb repulsion and the LDA band width) good semiquantitative accord with experimental 
data can be obtained. MO-Hubbard plus SO interaction qualitatively account for dynamical signatures 
of bulk correlation effects in photoemission (PES)6, inverse-PES30 and resistivity data6,11,18, revealing their 
intrinsic dynamical quantum nature.

The possibility of correlated electron physics in purely p31–35 or s36 band systems is very intriguing, 
since the naive expectation dictates that the itinerance (kinetic energy of p, s-carriers) is appreciable 
compared to the electron-electron interactions, as distinct from d-band systems, where the d electrons 
reside in much narrower bands (hence the effective U/WLDA is sizable). However, we recall here that in 
canonical s metals like elemental lithium evidences for correlated electron physics have been reported 
by Stutz et al.37. Interestingly, a possible explanation for the breakdown of the FL picture observed in 
high-resolution Compton scattering experiments of bulk Li37 were ascribed to the possible existence of 
significant resonating-valence-bond (RVB) pairing correlation effects in the ground state of Li nano-
clusters38. An additional interesting case of fundamental importance is given by Li impurities embedded 
aluminium, showing significantly deviations from a conventional FL picture due to interplay between 
alloy disorder and electronic correlations in the ground state of Al97Li3

39. Thus, understanding the role of 
electron-electron interactions in materials with active p or s bands is undoubtedly an issue of great con-
temporary interest. In light of the discussion above, we study how an orbital-selective interplay between 
appreciable p-band itinerance and on-site Coulomb repulsion, U, plays a central role in this unique 
spin-orbit Kondo state of elemental bismuth.

Results
Bismuth crystallises in the A7, α-arsenic type structure (Fig. 1). In the rhombohedral setting, the unit 
cell contains two atoms. As homologue P and As, A7 Bi is characterised by extended puckered layers 
of three-connected Bi atoms, with shorter distances within each layer than between (111) layers. In Bi 
however, the difference between the two sets of distances is reduced, such that layered A7 Bi is better 
viewed as a distorted primitive simple cubic (PSC) structure40. Simple cubic bismuth would have a par-
tially filled valence band, and would accordingly be metallic1,40. Upon rhombohedral distortion, A7 Bi 
becomes a semimetal with a small number of valence band states at the Fermi energy (EF), see Fig. 2. 
Here, LDA calculations for the real crystal structure at ambient conditions were performed using the 

Figure 1.  Crystal structure of Bismuth of A7, α-arsenic type structure, in the hexagonal setting. The 
unit cell is represented as a grey box, with the layer stacking developing along [001].



www.nature.com/scientificreports/

3Scientific Reports | 5:13772 | DOI: 10.1038/srep13772

linear muffin-tin orbitals (LMTO)41,42 scheme in the atomic sphere approximation. The corresponding 
orbital resolved and total LDA density-of-states (DOS) are shown in Fig.  2. In good agreement with 
previous studies43, the total DOS shows a tiny one-electron band gap centred at 0.035 eV above EF. 
Elemental bismuth has a formal + 3 oxidation state, which implies an equal number of electrons and 
holes in the p sector. As pointed out, all electronic 6p states acquire some itinerance, providing valence 
and conduction band states in all active 6p-(x, y, z) orbitals. The situation encountered here with three 
half-filled bands provides the underlying microscopic one-band seeds of a quantum correlated scenario 
in elemental bismuth.

Within LDA, the one-electron part of the many-body Hamiltonian for bismuth is ε= ∑ ( ) ,σ σ σ
†H k c cka a ka ka0  

where a =  x, y, z labels the diagonalised 6p-bands. In light of the sizable correlation effects within the 
Bi-channel of bulk Bi2Se3 and Bi2Te2Se topological insulators27,28, local MO Hubbard plus SO interactions 
must be included to describe the onset of correlated spectral functions. These constitute the  
interaction term ( )= ∑ + ∑ ′ − ⋅ + ∑ + . ., ↑ ↓ , ≠ , , ↑ , ↓

†H U n n U n n J V c c H cS S[ ]int i a ia ia i a b ia ib H ia ib i a i a i a . 
Here, U′  ≡ U −  2JH and U(U′ ) is the intra- (inter-) orbital Coulomb repulsion. JH and V are, respectively, the 
Hund’s rule and the local SO coupling. Within our formulation, the SO interaction acts as a transverse 
magnetic-field44 and locally mixes the pa spin states of bismuth. The DMFT self-energy, Σ a(ω), requires a 
solution of the MO quantum impurity problem self-consistently embedded in an effective medium26. We 
use the multi-orbital iterated-perturbation-theory (MO-IPT) as an impurity solver for DMFT45: This per-
turbative, many-particle scheme has a proven record of successes in describing finite temperature effects46 
and unconventional electronic transitions induced by local quantum fluctuations in correlated electron 
systems47.

Electron-electron interactions may induce topologically nontrivial electronic phases that can change 
the nature of single-particle excitation of topological insulators48,49. We have recently shown that the 
on-site Coulomb repulsion U promotes a gradual reduction of the bulk band gap size and coherent 
Kondo clouds are created near EF in Bi-chalcogenide topological insulators27,28. Additionally, by fur-
ther increasing U the energy gap is suppressed by dynamic transfer of spectral weight characteristic of 
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Figure 2.  Spectral functions and two-photon photoemission. LDA (dashed) and LDA +  DMFT [for 
U =  8.0 eV (dot-dashed), U =  10.0 eV (solid) and fixed JH =  0.5 eV] orbital-resolved and total density-of-states 
(DOS) of bismuth. Notice the band gap near the Fermi energy (EF =  ω =  0) in LDA and bulk metallicity in 
the LDA +  DMFT results. Right-lower panel: Comparison between the LDA +  DMFT total DOS and two-
photon photoemission (2PPE) data taken at T =  110 K for Bi(111)30. The 2PPE curve is shifted downward 
to coincide with theory at low energies. As seen, the low-energy peaks are accurately resolved within 
LDA +  DMFT.
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correlated electron systems50,51 and renormalised quasiparticles are formed at low energies in Bi2Y2X 
(Y =  (Se, Te), X =  Se) topological materials. In Fig.  2 we display our LDA +  DMFT results for fixed 
JH =  0.5 eV27,28 and total band filling nt =  3.0, showing that a quantum correlated scenario5 is applicable 
to bismuth. Several interesting features compared to LDA are manifested in Fig.  2: A combined effect 
of local, SO and electron-electron interactions arising from U, U′  and JH leads to spectral weight redis-
tribution over large energy scales and the formation of an electronic structure similar to topological 
Kondo systems27,28, with concomitant appearance of quasiparticle resonances at low-energies. The most 
salient features to be seen in Fig.  2 are the changes in the electronic states at low energies, where the 
emergent spin-orbit Kondo state is characterised by the presence of sharp in-gap states near the Fermi 
energy, EF(=  ω =  0). As a first testing ground to our proposal, in Fig. 2 we compare our LDA +  DMFT 
results to a recent experiment probing the unoccupied electronic states of bismuth. Very good semiquan-
titative agreement with two-photon photoemission (2PPE) data on Bi(111)30 is visible. Particularly, the 
low-energy peaks at energies below 0.6 eV as well as the spectral lineshape of the conduction band states 
up to 3 eV are accurately described by LDA +  DMFT. The good agreement in a rather wide energy region 
is the stringent signature of spectral weight transfer (SWT) of correlated electrons.

To elucidate the crucial role played by local quantum correlations on electric transport in this A7 
element, we show in the main panel of Fig.  3 the T dependence of dc resistivity computed using the 
orbital resolved, LDA +  DMFT spectral functions, ω ω( , ) = − ( , )

π
A ImGk ka a

1 . Within the Kubo for-
malism52, the dc-conductivity can be expressed as 

 ∫ ∫σ ερ ε ω ε ω ω( ) = ∑ ( ) ( , ) − ′( )π ( )T v d d A f[ ]dc
e
V a a a

2 2 0 22
, 

where ρ ε( )( )
a

0  is the LDA DOS of the three (x, y, z) 6p-bands,   is the unit cell volume, and f(ω) is the 
Fermi function. As in ref. 53 the approximation made here is to ignore the k-dependence of electron’s 
velocity, vk,a. In this situation, following Saso et al.54,55, we approximate vk,a by a single average carrier 
velocity (v) for all orbitals. In fact, Saso et al. and Baldassare et al.56 have shown that this assumption 
works well for numerical computations of σac(ω) for Kondo insulators (FeSi and YbB12) as well as for 
V2O3, supporting our approximation in σdc(T) above. The observed features in resistivity ρdc(T) ≡ 1/σdc(T) 
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Figure 3.  dc resistivity and photoemission. Main panel: Theory-experiment comparison of dc resistivity 
[ρdc(T)] of bismuth, showing good semiquantitative agreement with experiment6 above 30 K. Notice the 
quasilinear temperature dependence of transport data which is quantitatively reproduced by LDA +  DMFT. 
(Noteworthy, the theory curve was rescaled by an overall constant to coincide with experiment at 300 K.) 
Right-lower panel: Temperature dependence of dc resistivities as function of V: Interesting are the changes 
in slope of ρdc(T) below 33 K with increasing V in good semiquantitative agreement with experiments11,18. 
Left-upper panel: Comparison between the LDA +  DMFT total DOS and photoemission (PES) data for 
Bi0.9Sb0.1

6. Here, the main bulk-like peak structure at 0.7 eV binding energy is resolved within LDA +  DMFT.



www.nature.com/scientificreports/

5Scientific Reports | 5:13772 | DOI: 10.1038/srep13772

originate from SO and Zeeman-field induced spectral changes: Showing how this provides a compelling 
description of extant experimental data is our focus here.

The dc resistivity in Fig. 3 shows metallic behaviour consistent with reconstructed spectral functions. 
Interestingly, for V =  1.05 eV we obtain a quasilinear T-dependence above 30 K which is close to that 
observed in bulk crystals6. Deviations between theory and experiment are observed below 30 K: Our 
result shows tendency towards saturation down to 9 K and a substantial drop to smaller resistivity values 
at low-T. Interestingly, this drop in resistivity at low-T is enhanced with increasing the SO interaction 
V, see bottom-right panel of Fig. 3. This electrical transport behaviour is in good semiquantitative agree-
ment with resistivity data of bismuth single crystals18, lines17 and thin films57, all showing similar trend as 
found for 1.15 eV ≤  V ≤  1.25 eV. In our theory this robust phenomenon is the fingerprint of SO-induced 
local quantum fluctuations44 in dc transport of elemental p-band semimetals like bismuth and graphite29. 
Taken together our theory-experiment comparison in Fig.  2 and the good semiquantitative agreement 
with resistivity data6 for U =  10 eV supports our proposal of non negligible electron-electron interactions 
in bismuth. In Fig. 3 we present additional evidence supporting this statement: We make a direct com-
parison between the LDA +  DMFT spectra and PES data of Bi0.9Sb0.1 6, showing good semiquantitative 
accord with experiment. Interestingly, the LDA +  DMFT spectra resolves the main peak structure of bulk 
states6 at 0.7 eV binding energy in spite of the fact that the Bi0.9Sb0.1 system might exhibit some sort of 
lattice disorder effects induced by antimony. While PES experiment resolves a low-energy bump which 
was interpreted as gapless surface states coexisting with an insulating bulk6, the total LDA +  DMFT 
spectral function shows a low-energy peak structure at − 73 meV, in accordance with angle-resolved PES 
(ARPES) data reported in ref. 58 where it is found at 80 meV binding energy. Thus, our results demon-
strate that low- and intermediate-energy features are well accounted for by bulk electronic structure. 
However, as seen in Fig. 2 the pz DOS unveil a quasiparticle peak structure near EF, which is consistent 
with observation of out-of-plane surface states in (AR)PES6,58. Future experimental verification of pz 
orbital symmetry in surface-like states would place our theory in a solid ground.

We now turn to the interplay between local transverse-field fluctuations induced by SO coupling and 
intra-orbital Zeeman level splittings upon application of an external magnetic field in bismuth. To pro-
ceed, we consider the orbital-dependent on-site energy term, = ∑ ( − ), ↑ , ↓

–H h n na a i i a i a  in our MO 
Hamiltonian, = + + .–H H H Hint a0  Here, μ=h g Ba B a

1
2

, μB is the Bohr magneton, g is the Landé factor, 
and Ba is the external (Zeeman) magnetic field applied along the a direction59. Noteworthy, in our 
self-consistent treatment we vary the (trial) magnetic field ha, keeping the total band filling (nt =  3) fixed 
to simulate the electronic changes upon Zeeman field splitting. As seen in Fig. 4, the variation in ha drives 
appreciable SWT, producing drastic orbital-selective renormalisations of the one-particle spectral func-
tions: The out-of-plane pz band is most severely affected. As expected, ha shifts the relative positions of 
the spin polarised bands at which the magnetism changes. The resulting magnetisation can be directly 
calculated from ma =  〈 na↑〉  −  〈 na↓〉 , with the particle’s number 〈 naσ〉  being computed using orbital and 
spin resolved spectral functions. According to our results a trial field applied along the hexagonal plane, 
i.e hx,y =  h (and V =  1.05 eV, 1.25 eV) gives negligibly small magnetisation values, mx,y ≈  0.01. This is an 
indication of reduced magnetic moments in the frustrated hexagonal plane. Interestingly, in this regime 
the in-plane Zeeman field drives the system towards to a Kondo insulating state with emergence of a 
narrow semiconducting band gap in the spin resolved spectral functions. Our results are thus consistent 
with a Dirac valley scenario in bulk bismuth12,60, which intriguingly implies a field-induced orbital recon-
struction of the SO Kondo state into a Dirac liquid regime61. Moreover, the fact that the band gap is 
smaller for V =  1.25 eV compared to V =  1.05 eV can be regarded as the manifestation of SO induced 
weak antilocalisation effects62 in this and related (topological) quantum systems. Somewhat surprisingly 
are the Zeeman field effects on the pz spectral functions. Here, we obtain mz =  0.14 which arises from 
the formation of local moments in the majority (spin-↑ ) channel. As seen in the right panels of Fig. 4, 
bismuth undergoes a phase transition with an unusual two-fluid electron channel. While the majority 
pz-band is pushed towards to a Mott insulating state with appearance of a lower Hubbard band (local 
moment formation), the minority (↓ ) channel undergoes to a Kondo-like metallic state characterised by 
a broad quasiparticle peak at EF. This unexpected field-induced phase transition is apparently consistent 
with recent DMFT study59, showing coexisting metallic and insulating states in the spin resolved spectral 
functions of a spin-asymmetric Hubbard model. As a major result, we thus predict that destroying the 
Kondo metal state (Fig. 4 right panels) by a moderate number of impurities, vacancies or lattices defects 
(all inducing one-electron band narrowing) will reveal large MR behaviour as in experiment. We empha-
sise that resistivity measurements in strained bismuth are an alternative test to our proposal. This would 
reduce the quasi-coherent Kondo scale of the low-energy peak in the spin-selective state in Fig. 4, pro-
moting large resistivity responses currently unreachable. More detailed theoretical and experimental 
work to establish or refute our prediction are thus called for.

Discussion
An understanding of the correlated nature of p-band semimetals is mandatory for designing novel MR 
materials. An affirmative theoretical answer to the MR effect in elemental bismuth is shown in Fig. 5. In 
this figure we display the dc resistivity [ρdc(T)] computed using LDA +  DMFT spectral functions within 
the Kubo formalism52. In our Green’s-function formalism the observed features in the directional-selective12 
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resistivity responses originate from the spectral changes with Zeeman field, ha: Showing how this pro-
vides a compelling explanation for the MR effect for in-plane (hx,y) and out-of-plane (hz) magnetic fields 
is our focus here. Various interesting features immediately stand out in Fig. 5. First, as T →  0 the resis-
tivity curve for a trial field = = .h 0 2a

h
2

 eV/μB
59 shows semiconducting-like T-dependence, in accord-

ance with the insulating behaviour at small fields seen in experiment18. Our choice is also consistent with 
initial magnetic field values used to produce differences between spin flavours within DMFT in systems 
with narrower bandwith63. Second, with increasing ha the dc resistivity in Fig. 5 shows orbital-selectivity 
manifesting itself as directional selectivity. The left panels of Fig. 5 display our results for field applied 
parallel to the hexagonal (basal) plane of bulk bismuth. As seen, below 50 K ρdc(T) increases as T →  0 at 
finite in-plane field, hx,y, which is consistent with a semiconducting like behaviour due to field-induced 
Dirac valley spectrum12. Further interesting features emerge for fields applied perpendicular to the basal 
plane where we find low-T metallicity accompanying an insulator-to-metal crossover. The interplay 
between local spin fluctuations44 and magnetic field-induced band splitting thus promotes a smooth 
crossover to low-energy quasi-coherence by internally generating a metallic channel that locally switches 
on the recoil process in the minority-spin channel: If this had not occurred, one could have a multi-orbital 
Kondo insulator27,28 down to lowest T. This is our mechanism for the experimentally observed reduction 
of ρdc(T) at low T in bismuth, where a crossover from a metal to an insulating-like behaviour above 
T =  10 K is obtained, in good semiquantitative agreement with extant data11,17. It is interesting that a 
LDA +  DMFT calculation is able to access the emerging MR anisotropy at different magnetic fields12 in 
this p-band semimetal.

Conclusions
In conclusion, using LDA +  DMFT for a multi-band model, we resolve the nature of the metallic regime 
in bismuth. Good semiquantitative accord with key spectral6,30 and transport data6 in a quantum corre-
lated picture confirms that charge carriers in elemental Bi interact via Coulomb repulsion25. The Zeeman 
coupling induces two distinct electronic transitions characterised by selective Kondo-Mott physics. 
Although the bare applied field is globally uniform, the effective field experienced by the p electrons dif-
fers because of various competing local quantum fluctuations. For fields applied parallel to the hexagonal 
plane the emergent Dirac valley reflects the competition between Zeeman field splitting and screening 

-2 -1 0 1 2
ω (eV)

0.00

0.05

0.10

0.15

ρ x,
y(ω

)

hxy=0
hxy=-h
hxy=h

-2 -1 0 1 2
ω (eV)

0.00

0.05

0.10

0.15

ρ x,
y(ω

)

hxy=0
hxy=-h
hxy=h

-2 -1 0 1 2
ω (eV)

0.00

0.05

0.10

0.15

ρ z(ω
)

hz=0
hz=-h
hz=h

-2 -1 0 1 2
ω (eV)

0.00

0.05

0.10

0.15

ρ z(ω
)

hz=0
hz=-h
hz=h

V=1.05 eV

V=1.25 eV

Figure 4.  Zeeman field effects. Orbital-resolved LDA +  DMFT DOS for magnetic fields applied parallel 
(hx,y) and perpendicular (hz) to the hexagonal plane. Top (bottom) panels show results for V =  1.05 eV 
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insulating-metallic states in the out-of-plane (pz) orbital. The interplay between various competing effects in 
bismuth is visible.
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of local moments. On the other hand, for fields perpendicular to the basal plane spin-selective metallic 
and insulating states similar to that of correlated half-metals59 are effectively promoted. In this unconven-
tional regime with coexisting Kondo-Mott low-energy physics, the resistivity profiles found here are in 
good semiquantitative agreement with magnetoresistance responses in the experimentally important case 
in which the orientation of the in-plane magnetic field12 does not break the intrinsic orbital degeneracy 
of bulk bismuth. Our microscopic description of competing multi-orbital interactions is expected to be 
generally applicable to partially filled p-band semimetals18,64,65 of pivotal importance.

Methods
The local-density-approximation plus dynamical-mean-field-theory (LDA +  DMFT) by construction 
takes into consideration the most relevant multi-orbital correlation effects and all-electron degrees of 
freedom. It is an ideal starting point towards the description of Coulomb-driven metal-to-insulator 
transitions, Fermi and non-Fermi liquid metallic states and in general grounds the role played by 
dynamical correlations in idealised many-particle models as well as in real multi-orbital systems26. The 
LDA +  DMFT is a theoretical tool which provides realistic answers to interesting questions like why spin, 
orbital and magnetic orders in strongly correlated electron systems set in at low temperatures and how 
they might change upon application of external perturbations like pressure, chemical doping, magnetic 
and electric fields, etc. Noteworthy, the many-particle DMFT scheme66, without realistic band structure 
inputs, is an exact theory when approaching the limit of high lattice dimensions67. It is designed to 
describe the time evolution (i.e., dynamical effects) of local spin and charge fluctuations68, intrinsic to 
correlated electron systems.

In order to prove the orbital-selective nature of the p-band electronic states in elemental bismuth, we 
employ our state-of-the-art implementation of LDA +  DMFT46, which correctly takes disorder, temper-
ature and pressure effects into account, in multi-band systems. The one-particle, LDA density-of-states 
are computed using the non-fully relativistic version of the PY-LMTO code42. Self-consistency is reached 
by performing calculations with 417 irreducible k-points. The radii of the atomic spheres were chosen 
as r =  3.35 a.u. in order to minimise their overlap. To incorporate the effects of electronic correlations in 
this p-band semimetal, we use the multi-orbital iterated-perturbation-theory (MO-IPT) as an impurity 
solver of the many-particle problem in DMFT, as described in detail in refs.  45,46. Finally, we carried 
out the computation of electrical transport within the Kubo formalism52.

0 50 100 150 200
T (K)

0.4

0.6

0.8

1.0

ρ dc
(T

)/
ρ dc

(2
00

 K
)

hxy=0

hxy=h/2

hxy=h

0 50 100 150 200
T (K)

0.4

0.6

0.8

1.0

ρ dc
(T

)/
ρ dc

(2
00

 K
)

hz=0

hz=h/2

hz=h

0 50 100 150 200
T (K)

0.2

0.4

0.6

0.8

1.0

ρ dc
(T

)/
ρ dc

(2
00

 K
)

hxy=0

hxy=h/2

hxy=h

0 50 100 150 200
T (K)

0.2

0.4

0.6

0.8

1.0

ρ dc
(T

)/
ρ dc

(2
00

 K
)

hz=0

hz=h/2

hz=h

V=1.05 eV

V=1.25 eV

Figure 5.  Magnetoresistance. Temperature dependence of dc resistivity of bismuth for Zeeman fields 
applied parallel (hx,y) and perpendicular (hz) to the basal, hexagonal plane. Side panels show results for two 
values of local spin-orbit interaction, V =  1.05 (top) and V =  1.25 (bottom). Noteworthy, our results are in 
good semiquantitative agreement with magnetoresistance data reported experimentally11,12,17,18.
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A Hubbard U =  10 eV was necessary for a good semi-quantitative agreement with experiments within 
LDA +  DMFT, see Fig.  2 (right-lower panel) and Fig.  3. For main group elements, values of U larger 
than typical values for transition metals are the consequence of orbital hybridisation and covalent bonds, 
which localise electrons between atoms35,69. To confirm the role of electronic correlation in elemental 
bismuth, we have also performed LDA +  U calculations based on the PY-LMTO code42. Unlike stand-
ard DFT calculations, finding the ground state in LDA +  U may depend on initial orbital occupancy. 
Performing unbiased LDA +  U (U ≤  12), orbital occupancy yields nx,y =  nz =  1.0. Biasing nx,y, LDA +  U 
calculations (U ≈  10 eV) converge towards the ground state with nx,y =  1.05, nz =  0.9 in good agreement 
with LDA +  DMFT.

References
1.	 Hofmann, Ph. The surfaces of bismuth: Structural and electronic properties Prog. Surf. Sci. 81, 191 (2006).
2.	 Kapitza, P. L. The Study of the Specific Resistance of Bismuth Crystals and Its Change in Strong Magnetic Fields and Some Allied 

Problems. Proc. R. Soc. London Ser. A 119, 358–443 (1928).
3.	 Schubnikov, L. & de Haas, W. J. A New Phenomenon in the Change of Resistance in a Magnetic Field of Single Crystals of 

Bismuth. Nature 126, 500–500 (1930).
4.	 Édelman V. S. Electrons in bismuth. Adv. Phys. 25, 555–613 (1976).
5.	 Behnia, K. L., Balicas, L. Y. & Kopelevich, Y. Signatures of Electron Fractionalization in Ultraquantum Bismuth. Science 317, 

1729–1731 (2007).
6.	 Hsieh, D. et al. A topological Dirac insulator in a quantum spin Hall phase. Nature 452, 970–974 (2008).
7.	 Murakami, S. Quantum Spin Hall Effect and Enhanced Magnetic Response by Spin-Orbit Coupling. Phys. Rev. Lett. 97, 236805 

(2006).
8.	 Baring, L. A., da Silva, R. R. & Kopelevich, Y. Local and global superconductivity in bismuth. Fizika Nizkikh Temperatur 37, 1113 

(2011).
9.	 Zhu, Z. et al. Landau spectrum and twin boundaries of bismuth in the extreme quantum limit. PNAS 109, 14813–14818 (2012).

10.	 Sabater, C. et al. Topologically Protected Quantum Transport in Locally Exfoliated Bismuth at Room Temperature. Phys. Rev. 
Lett. 110, 176802 (2013).

11.	 Yang, F. Y. et al. Large Magnetoresistance of Electrodeposited Single-Crystal Bismuth Thin Films. Science 284, 1335–1337 (1999).
12.	 Zhu, Z. et al. Field-induced polarization of Dirac valleys in bismuth. Nature Phys. 8, 89–94 (2012).
13.	 Liu, Y. & Allen, R. E. Electronic structure of the semimetals Bi and Sb. Phys. Rev. B 52, 1566 (1995).
14.	 Takayama, A., Sato, T., Souma, S. & Takahashi, T. Giant Out-of-Plane Spin Component and the Asymmetry of Spin Polarization 

in Surface Rashba States of Bismuth Thin Film. Phys. Rev. Lett. 106, 166401 (2011).
15.	 Prinz, G. A. Magnetoelectronics Science 282, 1660 (1998).
16.	 Alers, P. B. & Webber, R. T. The Magnetoresistance of Bismuth Crystals at Low Temperatures. Phys. Rev 91, 1060 (1953).
17.	 Yang, F. Y. et al. Large magnetoresistance and finite-size effect in electrodeposited bismuth lines. J. Appl. Phys. 89, 7206 (2001).
18.	 Du, X., Tsai, S.-W., Maslov, D. L. & Hebard, A. F. Metal-Insulator-Like Behavior in Semimetallic Bismuth and Graphite. Phys. 

Rev. Lett. 94, 166601 (2005).
19.	 Kukkonen, C. A. & Sohn, K. F. The low-temperature electrical resistivity of bismuth. J. Phys. F 7, L193 (1977).
20.	 Uher, C. & Pratt, Jr. W. P. High-Precision, Ultralow-Temperature Resistivity Measurements on Bismuth. Phys. Rev. Lett. 39, 491 

(1977).
21.	 Kukkonen, C. A. T2 electrical resistivity due to electron-phonon scattering on a small cylindrical Fermi surface: Application to 

bismuth. Phys. Rev. B 18, 1849 (1978).
22.	 Chudzinski, P. & Giamarchi, T. Collective excitations and low-temperature transport properties of bismuth. Phys. Rev. B 84, 

125105 (2011).
23.	 Tediosi, R. et al. Charge Carrier Interaction with a Purely Electronic Collective Mode: Plasmarons and the Infrared Response of 

Elemental Bismuth. Phys. Rev. Lett. 99, 016406 (2007).
24.	 Armitage, N. P. et al. Infrared Conductivity of Elemental Bismuth under Pressure: Evidence for an Avoided Lifshitz-Type 

Semimetal-Semiconductor Transition. Phys. Rev. Lett. 104, 237401 (2010).
25.	 Hartman, R. Temperature Dependence of the Low-Field Galvanomagnetic Coefficients of Bismuth. Phys. Rev. 181, 1070 (1969).
26.	 Kotliar, G. et al. Electronic structure calculations with dynamical mean-field theory. Rev. Mod. Phys. 78, 865 (2006).
27.	 Craco, L. & Leoni, S. Bulk quantum correlations and doping-induced nonmetallicity in the Bi2Se3 topological insulator. Phys. 

Rev. B 85, 075114 (2012).
28.	 Craco, L. & Leoni, S. Tunable Kondo-Mott physics in bulk Bi2Te2Se topological insulator. Phys. Rev. B 85, 195124 (2012).
29.	 Craco, L., Laad, M. S., Leoni, S. & de Arruda, A. S. Kondoesque origin of resistivity anisotropy in graphite. Phys. Rev. B 87, 

155109 (2013).
30.	 Bronner, C. & Tegeder, P. Unoccupied electronic band structure of the semi-metallic Bi(111) surface probed with two-photon 

photoemission. Phys. Rev. B 87, 035123 (2013).
31.	 da Silva, A. J. R. & Falicov, L. M. Many-body calculation of the magnetic, optical, and charge-transfer spectra of solid oxygen in 

the α and β phases. Phys. Rev. B 52, 2325 (1995).
32.	 Chan, J. A., Lany, S. & Zunger, A. Electronic correlation in anion p orbitals impedes ferromagnetism due to cation vacancies in 

Zn chalcogenides. Phys. Rev. Lett. 103, 016404 (2009).
33.	 Winterlik, J. et al. Challenge of magnetism in strongly correlated open-shell 2p systems. Phys. Rev. Lett. 102, 016401 (2009).
34.	 Cao, C., Hill, S. & Cheng, H.-P. Strongly correlated electrons in the [Ni(hmp)(ROH)X]4 single molecule magnet: A DFT+ U 

study. Phys. Rev. Lett. 100, 167206 (2008).
35.	 Wehling, T. O. et al. Strength of effective Coulomb interactions in graphene and graphite. Phys. Rev. Lett. 106, 236805 (2011).
36.	 Chiappe, G., Louis, E., SanFabián, E. & Verges, J. A. Hubbard Hamiltonian for the hydrogen molecule. Phys. Rev. B 75, 195104 

(2007).
37.	 Stutz, G. et al. Electron momentum-space densities and Fermi surface of Li100−xMgx (0 <  x < 40) alloys: Comptom scattering 

experiment versus theory. Phys. Rev. B 60, 7099 (1999).
38.	 Nissenbaum, D. et al. Resonating-valence-bond ground state of lithium nanoclusters. Phys. Rev. B 79, 035416 (2009).
39.	 Kwiatkowska, J. et al. Anomalous Electronic Correlations in the Ground State Momentum Density of Al97Li3. Phys. Rev. Lett. 96, 

186403 (2006).
40.	 Burdett, J. K. & Lee, S. Peierls distortions in two and three dimensions and the structures of AB solids. J. Am. Chem. Soc. 105, 

1079 (1983).
41.	 Andersen, O. K. Linear methods in band theory. Phys. Rev. B 12, 3060 (1975).
42.	 Chadov, S. et al. Tunable multifunctional topological insulators in ternary Heusler compounds. Nature Mater 9, 541 (2010).



www.nature.com/scientificreports/

9Scientific Reports | 5:13772 | DOI: 10.1038/srep13772

43.	 Qi, J., Sh, D., Zhao, J. & Jiang, X. Stable Structures and Electronic Properties of the Oriented Bi Nanowires and Nanotubes from 
First-Principle Calculations. J. Phys. Chem. C 112, 10745–10753 (2008).

44.	 Craco, L. Insulator-to-metal crossover induced by local spin fluctuations in strongly correlated systems. J. Phys. Cond. Matt. 13, 
263 (2001).

45.	 Craco, L. Quantum orbital entanglement: A view from the extended periodic Anderson model. Phys. Rev. B 77, 125122 (2008).
46.	 Laad, M. S., Craco, L. & Müller-Hartmann, E. Orbital-selective insulator-metal transition in V2O3 under external pressure. Phys. 

Rev. B 73, 045109 (2006).
47.	 Craco, L., Laad, M. S. & Leoni, S. Unconventional Mott transition in KxFe2−ySe2. Phys. Rev. B 84, 224520 (2011).
48.	 Yu, S.-L., Xie, X. C. & Li, J.-X. Mott Physics and Topological Phase Transition in Correlated Dirac Fermions. Phys. Rev. Lett. 107, 

010401 (2011).
49.	 Pesin, D. A. & Balents, L. Mott physics and band topology in materials with strong spin-orbit interaction. Nature Phys. 6, 

376–381 (2010).
50.	 Garg, A., Krishnamurthy, H. R. & Randeria, M. Can Correlations Drive a Band Insulator Metallic? Phys. Rev. Lett. 97, 046403 

(2006).
51.	 Koga, A., Kawakami, N., Peters, R. & Pruschke, T. Quantum phase transitions in the extended periodic Anderson model. Phys. 

Rev. B 77, 045120 (2008).
52.	 Grenzebach, C., Anders, F. B. & Czycholl, G. Transport properties of heavy-fermion systems. Phys. Rev. B 74, 195119 (2006).
53.	 Laad, M. S., Craco, L., Leoni, S. & Rosner, H. Electrodynamic response of incoherent metals: Normal phase of iron pnictides. 

Phys. Rev. B. 79, 024515 (2009).
54.	 Urasaki, K. & Saso, T. Correlation Effects on Optical Conductivity of FeSi. J. Phys. Soc. Jpn. 68, 3477 (1999).
55.	 Saso, T. Calculation of Optical Conductivity of YbB12 using Realistic Tight-binding Model. J. Phys. Soc. Jpn. 73, 2894–2899 

(2004).
56.	 Baldassarre, L. et al. Quasiparticle evolution and pseudogap formation in V2O3: An infrared spectroscopy study. Phys. Rev. B 77, 

113107 (2008).
57.	 Du, X. & Hebard, A. F. Large magnetoresistance of bismuth/gold films thermally deposited onto glass substrates. Appl. Phys. Lett. 

82, 2293 (2003).
58.	 Kim, T. K. et al. Evidence against a charge density wave on Bi(111). Phys. Rev. B 72, 085440 (2005).
59.	 Jiang, M., Pickett, W. E. & Scalettar, R. T. Effects of strong interactions in a half-metallic magnet: A determinant quantum Monte 

Carlo study. Phys. Rev. B 87, 165101 (2013).
60.	 Küchler, R. et al. Thermodynamic evidence for valley-dependent density of states in bulk bismuth. Nature Mater. 13, 461–465 

(2014).
61.	 Jafari, S. A. Dynamical mean field study of the Dirac liquid. Eur. Phys. J. B 68, 537–542 (2009).
62.	 Zhang, H. B. et al. Weak localization bulk state in a topological insulator Bi2Te3 film. Phys. Rev. B 86, 075102 (2012).
63.	  The ALPS Project, ALPS 2 Tutorials: Dynamical Mean Field Theory (DMFT) solvers. Tutorial 2. (2014) Available at: http://alps.

comp-phys.org/mediawiki/index.php/ALPS_2_Tutorials:DMFT-02_Hybridization (Accessed 10th February 2015).
64.	 Sahin, H. et al. Monolayer honeycomb structures of group-IV elements and III-V binary compounds: First-principles calculations. 

Phys. Rev. B 80, 155453 (2009).
65.	 Seo, J. et al. Transmission of topological surface states through surface barriers. Nature 466, 343–346 (2010).
66.	 Georges, A., Kotliar, G., Krauth, W. & Rozenberg, M. J. Dynamical mean-field theory of strongly correlated fermion systems and 

the limit of infinite dimensions. Rev. Mod. Phys. 68, 13 (1996).
67.	 Metzner, W. Linked-cluster expansion around the atomic limit of the Hubbard model. Phys. Rev. B 43, 8549 (1991).
68.	 Craco L. & Gusmão, M. A. Tight-binding treatment of the Hubbard model in infinite dimensions. Phys. Rev. B 54, 1629 (1996).
69.	 Campo, V. L. & Cococcioni, M. Extended DFT+ U+ V method with on-site and inter-site electronic interactions. J. Phys. Condens 

Matter 22, 055602 (2010).

Acknowledgements
This work was supported by CAPES - Proc. No. 002/2012 and DFG SPP 1415. Acknowledgment is 
also made to FAPEMAT/CNPq (Projet: 685524/2010). S.L. acknowledges ZIH Dresden for the generous 
allocation of computational time. L.C. thanks P.H.L. Martins and M. A. Gusmão for discussions and the 
Institut für Theoretische Chemie, Technische Universität Dresden, for hospitality. S.L. wishes to thank 
the DFG for a personal Heisenberg Grant (Heisenberg Program).

Author Contributions
S.L. carried out the LDA (LMTO-based) calculations. L.C. designed the study, and carried out the 
LDA +  DMFT study. The authors contributed to the scientific discussions and the preparation of the 
manuscript, and approved the final version of the manuscript.

Additional Information
Competing financial interests: The authors declare no competing financial interests.
How to cite this article: Craco, L. and Leoni, S. Magnetoresistance in the Spin-Orbit Kondo State of 
Elemental Bismuth. Sci. Rep. 5, 13772; doi: 10.1038/srep13772 (2015).

This work is licensed under a Creative Commons Attribution 4.0 International License. The 
images or other third party material in this article are included in the article’s Creative Com-

mons license, unless indicated otherwise in the credit line; if the material is not included under the 
Creative Commons license, users will need to obtain permission from the license holder to reproduce 
the material. To view a copy of this license, visit http://creativecommons.org/licenses/by/4.0/

http://alps.comp-phys.org/mediawiki/index.php/ALPS_2_Tutorials:DMFT-02_Hybridization
http://alps.comp-phys.org/mediawiki/index.php/ALPS_2_Tutorials:DMFT-02_Hybridization
http://creativecommons.org/licenses/by/4.0/

	Magnetoresistance in the Spin-Orbit Kondo State of Elemental Bismuth
	Introduction
	Results
	Discussion
	Conclusions
	Methods
	Additional Information
	Acknowledgements
	References



 
    
       
          application/pdf
          
             
                Magnetoresistance in the Spin-Orbit Kondo State of Elemental Bismuth
            
         
          
             
                srep ,  (2015). doi:10.1038/srep13772
            
         
          
             
                Luis Craco
                Stefano Leoni
            
         
          doi:10.1038/srep13772
          
             
                Nature Publishing Group
            
         
          
             
                © 2015 Nature Publishing Group
            
         
      
       
          
      
       
          © 2015 Macmillan Publishers Limited
          10.1038/srep13772
          2045-2322
          
          Nature Publishing Group
          
             
                permissions@nature.com
            
         
          
             
                http://dx.doi.org/10.1038/srep13772
            
         
      
       
          
          
          
             
                doi:10.1038/srep13772
            
         
          
             
                srep ,  (2015). doi:10.1038/srep13772
            
         
          
          
      
       
       
          True
      
   




