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This study investigates the uplift capacity of circular anchors embedded in frictional-cohesive soils 
under surcharge. The analysis focuses on three critical stability factors Fc, Fq, and Fγ using Terzaghi’s 
principle of superposition to evaluate ultimate bearing capacity. These factors are influenced by 
the soil’s internal friction angle, the geometric ratio of anchor depth to diameter, and the interface 
roughness between the anchor and soil. Three predictive models for these stability factors are 
developed using advanced computational methods, including finite element limit analysis (FELA) with 
adaptive meshing and Kolmogorov-Arnold Networks (KAN). This research is the first to apply KAN 
in anchor behavior studies, demonstrating its enhanced ability to model complex data relationships 
compared to artificial neural networks (ANN). Additionally, a closed-form solution for stability factors 
is derived through KAN, providing an efficient method for predicting bearing capacity. The optimized 
models exhibit high coefficient of determination (R²) values and low root mean square errors (RMSE) 
for training and testing datasets. Sensitivity analysis validates the robustness of the proposed models. 
These findings advance the understanding of circular anchors’ bearing capacity in frictional-cohesive 
soils, offering practical design insights for various soil conditions.
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Soil anchors play a crucial role in modern engineering and come in various shapes, including square, circular, 
and rectangular designs. These anchors provide uplift resistance to the foundations of critical infrastructure, 
such as transmission towers and sheet pile walls. They also offer cost-effective mooring solutions for offshore 
oil and gas platforms1. As the demands on these anchors grow with the support of increasingly large and 
complex structures, a deeper understanding of their behavior becomes essential. Moreover, the principles of 
soil uplift resistance can be applied to broader geotechnical challenges. For instance, these principles can be 
adapted to model submerged pipelines or buried foundations, even in the absence of direct anchoring2. Thus, 
a comprehensive understanding of anchor behavior and soil interactions is vital for optimizing anchor designs.

Over the past three decades, research into the uplifting capacity of horizontal anchors in clay has 
predominantly relied on experimental and empirical methods. Early contributions include Vesić3 who provided 
analytical solutions based on tests of circular anchors. Meyerhof and Adams4 and Meyerhof5 followed with 
break-out factors derived from similar experimental setups. However, these models were constrained by their 
simplifying assumptions regarding failure mechanisms and soil behavior6–8. While these foundational studies 
have been crucial, they have often been constrained by their reliance on two-dimensional analyses.

Numerical analyses in soil mechanics often employ plane strain conditions, which may not accurately 
capture the behavior of anchors with varying shapes and loading conditions9. This limitation has been partly 
addressed by more recent advancements, such as the work of Yu10, which offers more refined models for cohesive 
soils. Although laboratory investigations by Das et al.11,12 and Baba et al.13 examined various anchor types and 
conditions, detailed three-dimensional numerical models are still limited. Additionally, while finite element 
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studies by Rowe and Davis14 and others have provided valuable insights, comprehensive three-dimensional 
analyses are still lacking.

A significant research gap exists in developing a unified approach that incorporates internal friction angles, 
soil cohesion, interface roughness, and surcharge loading into stability analyses. This study aims to address this 
gap by examining the uplift behavior of horizontal anchor plates in frictional-cohesive soil using Terzaghi’s 
superposition method15. By employing Finite Element Limit Analysis (FELA) with adaptive meshing techniques, 
this research investigates the uplift capacity of circular anchors in various soil types, taking into account the 
effects of cohesion, friction, and surcharge. The goal is to provide new insights and enhance practical applications 
of seismic design principles in geo-structural design.

The upper and lower bound methods, originally developed by Drucker et al.16, are foundational to stability 
analysis in soil mechanics, especially for perfectly plastic materials. These methods have been applied to various 
stability problems, including trapdoor stability, slope stability, foundation bearing capacity, and underground 
tunneling stability17–21. The lower bound theorem ensures that if an equilibrium stress distribution can be found 
that balances external loads without exceeding the material’s yield limit, it provides a conservative estimate 
of collapse loads. Traditionally, these methods have been applied to two-dimensional problems using linear 
programming techniques17,22. However, recent advancements, including Lyamin’s three-dimensional lower 
bound nonlinear procedure23, extend these techniques to address more complex stability issues in three 
dimensions.

Recent research highlights the adaptation of Terzaghi’s capacity formula to various stability challenges, as 
demonstrated by Nguyen and Shiau24, Shiau et al.15. Their work introduces a comprehensive approach using three 
stability factors (Fc, Fq, and Fγ) to evaluate both static and seismic loads. These factors, consistent with Terzaghi’s 
framework, provide a unified method for assessing limit loads under seismic conditions. This approach integrates 
various factors, including soil properties, surcharge loading, seismic impacts, and wall roughness, facilitating a 
detailed analysis of ground anchor uplift behavior. Unlike other studies25–27, Shiau et al.15 present dimensionless 
factors that enhance practical design applications for plate anchors subjected to seismic loading. However, this 
approach has not yet been applied to axisymmetric anchors in frictional-cohesive soil with surcharge loading. 
This study seeks to bridge this gap.

Recent advances in soft computing, particularly in machine learning and artificial neural networks (ANNs), 
have significantly revitalized geo-structural design. However, traditional ANN architectures, such as Multi-Layer 
Perceptrons (MLPs), are frequently characterized as “black box” models, making it challenging to interpret how 
inputs influence the output. Building upon the Kolmogorov-Arnold representation theorem, Kolmogorov-
Arnold Networks (KANs)28,29 address this limitation by providing closed-form representations of complex 
nonlinear relationships. Whereas MLPs rely on fixed activation functions within each node, KANs employ 
learnable spline-based activation functions on edges, effectively replacing linear weights with functions that can 
adapt to underlying data structures. This design reduces the total number of parameters, mitigates overfitting, 
and enhances interpretability by offering deeper insights into how each input variable interacts within the model. 
As demonstrated by Liu et al.30, KANs can achieve or surpass the accuracy of MLPs while maintaining a faster 
neural scaling and providing transparent analytical insights through more intuitive visualizations. Building 
on these theoretical and practical advantages, this study employs KAN to predict three key stability factors in 
uplift capacity assessment for frictional-cohesive soils, offering a robust and more interpretable alternative to 
conventional ANN-based methods.

In summary, this study introduces Kolmogorov-Arnold Networks (KANs) to assess the uplift capacity 
of circular anchors in frictional-cohesive soil with surcharge. By applying KANs to model the three stability 
factors obtained from advanced limit analyses, the research enhances understanding of anchor performance and 
quantifies the impact of each parameter. This novel approach would greatly support more precise and optimal 
design solutions. Additionally, the study aims to develop a closed-form mathematical solution, simplifying hand 
calculations and improving practical design efficiency in engineering applications. The overall methodology 
follows a structured five-step process: (1) FELA simulations are performed to quantify anchor uplift behavior; 
(2) a comprehensive dataset is constructed from the simulation outputs; (3) KAN models are trained to capture 
nonlinear interactions among input variables; (4) closed-form expressions for stability factors are derived; and 
(5) engineering interpretations are extracted to guide design decisions. This approach not only addresses current 
research gaps but also advances the field of geo-structure design by integrating innovative modeling techniques 
with practical design considerations.

Problem formulation and FELA model
The problem definition of a circular anchor under axial symmetry is presented in Fig. 1. In the stability design 
context of a rigid anchor, the key design parameters include the diameter (D), the buried depth (H), the width 
of the anchor (D), and the surcharge pressure (q). The backfill soil is characterized by cohesion (c), internal 
friction angle (φ), and unit weight (γ), following the Mohr-Coulomb failure criterion. The interaction between 
the anchor and the soil is represented by a roughness factor , which varies discrete values: 0 (perfectly smooth) 
to 1/3; ½; 2/3, and 1 (perfectly rough). These values indicate varying degrees of friction between the anchor and 
the surrounding soil, affecting the anchor’s uplift resistance.

To assess the effects of cohesion, surcharge, and soil weight, respectively, three stability factors (Fc, Fq, and 
Fγ) are calculated using various input parameters, including the depth-to-width ratio (H/D) and the internal 
friction angle of the soil (φ). The uplift capacity (Pu) of the circular anchor is determined using a method similar 
to Terzaghi’s bearing capacity formula. Using the three anchor factors, the uplift capacity (Pu) can be determined 
through Eq. (1):

	 Pu = cFc + qFq + γDF γ� (1)
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where c represents the effective cohesion,  denotes the magnitude of potential surcharge loading on the ground 
surface,  is the unit weight of the soil. D is the diameter of the circular anchor, as previously stated. It is important 
to note that these three factors are functions of the embedment depth-to-width ratio (H/D) and the internal 
friction angle (φ).

As extensively discussed and validated by Shiau et al.15 using Terzaghi’s principle of superposition, to 
determine the factor Fc, the analysis begins by setting both the unit weight (γ = 0) and surcharge pressure (q = 0) 
to zero. Factor Fc ​ is then computed using the simplified form of Eq. (1):

	
Fc = Pu

c
� (2)

Similarly, for calculating the factor Fq, cohesion (c = 0) and unit weight (γ = 0) are set to zero in Eq. (1). The factor 
Fq ​ is then derived using the reduced equation :

	
Fq = Pu

q
� (3)

In parallel, to find the factor Fγ, cohesion (c = 0) and surcharge pressure (q = 0) are both set to zero in Eq. (1), 
allowing the calculation of Pu. With this value established, Fγ ​is computed using the simplified equation:

	
F γ = Pu

γD
� (4)

Figure  2 is a typical example of an adaptive mesh for the anchor uplift force problem (H/D = 5). This study 
employs plastic limit theorems using both upper bound (UB) and lower bound (LB) techniques. The UB method 
identifies plastic deformation patterns where external work exceeds internal plastic dissipation, indicating 
collapse, while the LB method seeks an equilibrium stress distribution that satisfies yield criteria. The problem 
is governed by standard boundary conditions: the two side boundaries are constrained in the normal direction, 
while the bottom boundary is fixed in both the x and y directions. More details of the adaptive meshing technique 
of FELA formulations can be found in Ali et al.31, and they will not be repeated here.

Adaptive meshing plays a crucial role in capturing the nonlinear failure mechanisms associated with anchor 
uplift, especially at deeper embedments where localized shear bands and curved rupture surfaces dominate. By 
dynamically refining mesh density around zones of high stress gradients, adaptive meshing improves the accuracy 
of collapse load predictions while maintaining computational efficiency. This refinement process is critical in 
both upper and lower bound limit analyses, as mesh quality directly affects the convergence and reliability of the 

Fig. 1.  Problem definition of static uplift anchor under axisymmetric condition.
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computed bounds. In all numerical simulations presented in this study, three iterations of adaptive meshing were 
performed, yielding a final mesh with approximately 10,000 elements. This exceeds the typical recommendation 
of 3000 to 5000 elements in OptumG2, thereby enhancing the robustness and resolution of the limit analysis 
results. The soil was modeled using a Mohr-Coulomb perfectly plastic material model with associated flow rules.

Analyzing the stability factors: Fc, Fq, and Fγ
In this section, the influence of stability factors on the uplift capacity of anchors is examined through various 
failure mechanisms and embedment ratios (H/D). The analysis considers the failure mechanisms associated with 
Fc, Fγ, and Fq under different embedment conditions and soil parameters. The numerical results for the cohesion 
factor (Fc), surcharge factor (Fq), and unit weight factor (Fγ), along with their upper bound (UB) and lower 
bound (LB) values, are provided in the supplementary material of this article.

The cohesion factors Fc
In Fig. 3, the cohesion factor Fc increases as both the height-to-diameter ratio (H/D) and the internal friction 
angle (φ) grow. Taller anchors (higher H/D) experience greater cohesive forces, and materials with a higher 
friction angle (φ). also show a larger cohesion factor. For example, when φ is 40 degrees, the cohesion factor is 
much higher than when φ is 0 degrees.

The cohesion factor Fc remains nearly constant across the entire range of R values, meaning that R does not 
have a significant impact on Fc (ref. Figure 4).

Overall, the results show that increasing the H/D ratio and the internal friction angle (φ) significantly 
improves the anchor’s uplift capacity, while the anchor roughness factor R has an insignificant effect. The uplift 
capacity increase is especially pronounced at larger H/D ratios, highlighting the importance of considering 
both the internal friction angle and embedment depth in the design of circular anchors. The use of upper and 
lower-bound methods gives a thorough understanding of the potential uplift capacity under varying conditions, 
providing valuable insights for practical geotechnical design applications.

The failure mechanism of circular anchors is significantly influenced by the embedment depth, represented 
by the H/D ratio (ref. Figure 5). For shallow embedment (H/D = 1), the failure mechanism is relatively linear, 
with the soil directly above the anchor primarily resisting uplift forces. As the H/D ratio increases to 3, the 
failure zone expands, becoming more nonlinear and involving a larger soil mass, resulting in greater uplift 
resistance. By H/D = 5, the failure mechanism becomes fully nonlinear, with a deep, curved failure path engaging 
a substantial portion of the surrounding soil. This progression from linear to nonlinear failure reflects the 
increasing complexity and soil involvement as embedment depth increases, emphasizing the importance of 
considering both embedment and roughness in anchor design.

The surcharge factor Fq
The surcharge factor Fq is essential for evaluating the resistance of soil anchors subjected to surcharge loading. 
The analysis reveals that Fq varies significantly with the embedment ratio (H/D) and the internal friction angle 
(φ) (ref. Figure 6). For an embedment ratio of H/D = 1, where the factor Fq is constant at 1.000 when φ is 0°, 
indicating no effect of surcharge in purely cohesive soils. As φ increases, Fq rises, reflecting the contribution of 
soil friction to the uplift capacity. For example, at φ = 20°, Fq increases from about 2.942 (lower bound) to 2.959 
(upper bound), showing a steady rise with friction angle. The small difference between the lower and upper 
bound values at shallow depths suggests less nonlinearity in the solution.

Fig. 2.  Adaptive mesh configuration with boundary conditions for H/D = 5.
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As the embedment ratio increases to H/D = 2, 3, 4, and 5, the surcharge factor continues to grow, showing a 
more pronounced increase. For instance, at φ = 15° and H/D = 2, Fq ranges from 4.218 (lower bound) to 4.246 
(upper bound), reflecting a higher uplift capacity with increased embedment. At H/D = 3 and φ = 30°, Fq reaches 
19.395 (lower bound) and 19.560 (upper bound), indicating a substantial uplift capacity. The nonlinearity 
becomes more evident as the embedment ratio increases, with the gap between lower and upper bound values 
widening. At H/D = 5, the values are significantly higher, with Fq reaching 85.236 (lower bound) and 86.411 
(upper bound) for φ = 40°. This indicates a pronounced nonlinear behavior of the failure surface at greater depths.

Fig. 4.  The cohesion factor Fc (for H/D = 5, UB and LB).

 

Fig. 3.  The cohesion factor Fc (for rough anchor R = 1, UB and LB).
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Overall, the surcharge factor Fq increases with the internal friction angle, with the trend of nonlinearity 
becoming more pronounced at deeper embedments and higher friction angles. The differences between lower 
and upper bound solutions remain manageable, suggesting that the predictive model for Fq is reliable.

On the other hand, the interface roughness between the anchor and soil (R) has an insignificant effect on the 
surcharge factor Fq, as demonstrated in Fig. 7.

Figure  8 illustrates typical failure mechanisms for varying embedment ratios (H/D) under the influence 
of the surcharge factor Fq. As depicted in the figure, the failure mechanisms exhibit increasing complexity 
and nonlinearity with higher embedment ratios. For H/D = 1, the failure mechanism is relatively simple and 
linear. The uplift resistance is primarily influenced by the immediate area around the anchor, resulting in a 
straightforward failure surface. As H/D increases to 3, the failure mechanism becomes more complex, with a 
larger failure zone extending further from the anchor. This indicates that the uplift capacity is affected by a larger 
volume of soil, leading to a more nonlinear behavior.

The most pronounced nonlinearity is observed at H/D = 5. At this embedment ratio, the failure mechanism 
displays a significantly larger and complex nonlinear failure surface compared to the lower ratios. The failure 
zone becomes increasingly curved and complex, reflecting a more significant deviation from linear behavior. This 

Fig. 5.  Typical failure mechanisms for the cohesion factor Fc: (a) H/D = 1, (b) H/D = 3 and (c) H/D = 5 (φ = 20o, 
q = 0, γ = 0, Rough).
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Fig. 7.  The surcharge factor Fq for H/D = 5 (Upper Bound and Lower Bound).

 

Fig. 6.  The surcharge factor Fq (for rough anchor R = 1, UB and LB).
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heightened nonlinearity at larger H/D ratios suggests that the uplift resistance is influenced by more complex 
interactions within a larger soil mass, making the prediction of uplift capacity more challenging, emphasizing 
the need for detailed analysis in deep anchor applications.

The unit weight factor Fγ
Figures 9 and 10 provides lower-bound (LB) and upper-bound (UB) values for Fγ. These figures demonstrate the 
variation of the unit weight factor (Fγ) with different embedment ratios (H/D), friction angles (ϕ), and roughness 
coefficients (R) allowing for a discussion of the trends in these parameters.

For H/D = 1, across all friction angles and roughness values, the unit weight factor remains relatively small, 
showing a linear increase as the friction angle increases. The difference between LB and UB values is negligible, 
indicating that for shallow embedments, the effect of friction angle on uplift capacity is minimal. As the friction 
angle increases from ϕ = 0 to ϕ = 40 degrees, Fγ values increase steadily. As the embedment depth increases to 
H/D = 3 and H/D = 5, the unit weight factor Fγ becomes much more sensitive to changes in the friction angle. 
At H/D = 3, for ϕ = 10 degrees, Fγ values rise significantly from 7.236 (LB) to 7.296 (UB), while at ϕ = 40 degrees, 
Fγ reaches up to 43.136 (LB) and 44.156 (UB). This pattern continues at H/D = 5, where the unit weight factor 

Fig. 8.  Typical failure mechanisms for the surcharge factor Fq: (a) H/D = 1, (b) H/D = 3 and (c) H/D = 5 
(φ = 20o, c = 0, γ = 0, Rough).
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reaches its highest values, particularly at larger friction angles. For example, at H/D = 5, ϕ = 40 degrees, Fγ attains 
values of 163.138 (LB) and 165.646 (UB), demonstrating a pronounced effect of embedment depth on the uplift 
capacity. The roughness (R) has negligible effect on the unit weight factor (Fγ) as demonstrated in Fig. 10.

The failure mechanisms in Fig. 11 for different embedment ratios (H/D = 1, 3, and 5) show that as the depth 
of the anchor increases, the failure zone expands, but the nonlinearity in soil behavior is less pronounced for 
the unit weight factor Fγ compared to Fc. For H/D = 1, the failure mechanism is shallow and linear, with the 
soil mobilized directly above the anchor. At H/D = 3, the failure surface expands outward, but the transition 
from linear to curved behavior remains gradual. By H/D = 5, the failure zone is larger and more curved, yet the 
nonlinearity is still moderate. In summary, while the failure mechanism transitions from linear to nonlinear with 

Fig. 10.  The unit weight factor Fγ (for H/D = 5, UB and LB).

 

Fig. 9.  The unit weight factor Fγ (for rough anchor R = 1, UB and LB).
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increasing depth, the changes are smoother for Fγ compared to Fc, with uplift resistance strongly influenced by 
the embedment ratio.

Comparative analysis with existing literature
Table 1 presents a comparison of Fc values with previous studies. For circular anchors, the current values of Fc 
closely match those reported by Merifield32, Khatri and Kumar33, Bhattacharya and Kumar34, Wang35, and Song 
et al.36 for the range of H/D = 1 to 5. Although the experimental work of Mehryar et al.37 and Kupferman38 shows 
slightly lower Fc values at similar H/D ratios, the current analysis compares reasonably well with Merifield32 for 
numerical three-dimensional lower bound limit analysis.

For the comparison of Fq results, numerical results are presented in Table 2. Notably, recent studies have 
rarely addressed the effect of surface pressure Fq. Despite this gap, we have included a comparison with Meyerhof 
and Adams4, revealing significant deviations in Fq for shallow depth ratio such as H/D = 1 and large value of 
ϕ such as ϕ = 40°. Besides, when ϕ = 20°, Fq shows slight discrepancies across all three H/D ratios. Notably, at 
H/D = 1, as ϕ increases to 30° and 40°, Meyerhof and Adams’s results are approximately 6 and 16 times higher 
than the current study. However, the discrepancies decrease as the embedment depth increases. Specifically, 
when ϕ = 30°, Meyerhof ’s theory gives results approximately 2 times higher and nearly equal to the current study 

Fig. 11.  Typical failure mechanisms for the unit weight factor Fɣ: (a) H/D = 1, (b) H/D = 3 and (c) H/D = 5 
(φ = 20o, c = 0, q = 0, Rough).
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at H/D = 3 and H/D = 5, respectively. A similar pattern is observed when ϕ = 40°, with Meyerhof ’s theory yielding 
results approximately 4.5 times and 2.3 times higher than the current study at the same H/D ratios.

As presented in Table 3, the comparison of Fγ values were conducted for H/D = 1, 3, and 5 across internal 
friction angles of φ = 20, 30, and 40 degrees. These comparisons demonstrate a good agreement between the 
current study and previous research, reinforcing the reliability of the proposed model. For the lowest ratio of 
(H/D = 1), the results from previous authors closely align with those of the current study, showing minimal 
differences across the examined internal friction angles. Similarly, when H/D increases to 3, the Fγ values from 
Sarac39 and Merifield et al.2 exhibit a slight decrease compared to the current study at φ = 20. However, at φ = 30 
and 40 degrees, the Fγ values reported by Sarac39 show a significant decrease. Our results are also compared 

Fγ Meyerhof and Adams4 Murray and Geddes41 Sarac39 Merifield et al.2 Balla40 Tucker42 Present study

φ H/D Limit equilibrium: semi-analytical Equilibrium and limit analysis methods Limit equilibrium Lower bound Experimental work LB UB

20

1 1.77 2.3 1.95 2.01 2.69 – 1.90 1.92

3 9.06 18.03 13.77 14.07 22.02 – 14.29 14.41

5 15.05 55.8 – 42.9 – – 44.10 44.64

30

1 2.17 2.95 2.24 2.47 1.4 – 2.60 2.62

1.92 – – – – 9.7 – 9.54 9.63

2.45 – – – – 13.99 – 16.97 17.12

3 17.61 27.99 20.82 24.93 16.8 – 25.30 25.54

5 40.85 94.25 – – 36.5 – 88.36 89.88

36 2 – – – – – 13.58 13.66 13.75

40

1 – – 3.89 3.5 – – 3.97 3.98

1.5 – – – – – 13.04 10.59 10.66

3 – – 30.15 42.63 – – 45.32 47.53

5 – – – – – – 168.36 169.32

Table 3.  Comparison of Fγ values with previous studies.

 

Fq Meyerhof and Adams4

Present 
method 
(Rough 
footings)

φ H/D Limit equilibrium: semi-analytical LB UB

20

1 8.80 2.94 2.96

3 11.01 9.79 9.88

5 13.21 18.39 18.66

30

1 28.06 4.55 4.58

3 36.35 19.39 19.61

5 44.64 44.06 44.56

40

1 113.82 6.99 7.51

3 154.01 35.27 36.40

5 194.21 85.27 87.91

Table 2.  Comparison of Fq values with previous studies.

 

Fc Merifield32 Khatri and Kumar33 Bhattacharya and Kumar 34 Song et al.36 Wang35 Mehryar et al.37
Present 
study

φ = 0 NTD LBLA NA LBLA NLBLA RITSS FE ABAQUS FE analysis LB UB

H/D

1 – – – – – – 3.93 3.96

2 7 7 7 7.2 7.9 7 7.15 7.20

3 9 9 9 9.2 9.4 9 9.11 9.17

4 10.5 10.5 10.5 10.5 10.4 9.6 10.48 10.56

5 11.4 11.1 11.2 11.1 10.9 9.8 11.52 11.64

Table 1.  Comparison of Fc values with previous studies. Numerical three-dimensional lower bound limit 
analysis (NTD LBLA); Numerical axi-symmetry lower bound limit analysis (NA LBLA); Numerical lower 
bound limit analysis (NLBLA); RITSS FE analysis with AFENA package (RITSS FE); 2D large deformation 
elasto-plastic FE analysis with ABAQUS (ABAQUS).
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with those of Balla40, Meyerhof and Adams4, and Murray and Geddes41. The findings indicate that the results 
of Balla40 and Murray and Geddes41 are higher for φ = 20 and 30, and H/D = 3 and 5, respectively. In contrast, 
Meyerhof and Adams4 report lower values compared to the current study. It is noticeable that present study 
results of Fγ values agree well with experimental data of Balla40 and Tucker42. Overall, this analysis highlights the 
consistency of the proposed model with established literature, particularly at lower ratios and specific internal 
friction angles.

In summary, even though there is a noticeable difference in Fq values between Meyerhof ’s theory and our 
study, the upper bound (UB) and lower bound (LB) results from our research are very close to each other. This 
shows that our findings are reliable and thus increases our confidence in the solutions we reported. Furthermore, 
the comparison of Fc and Fγ values with those from recent authors demonstrates strong agreement. Though there 
is limited experimental work of three factors due to the facts that Fc and Fq is formulated based on unrealistic 
soil properties (soil density = 0), the values of Fγ agree well with experimentation. These insights are valuable for 
practitioners in the field, indicating that our model can be trusted for practical applications.

Soft computing model
The KAN-based models in this study are trained on a comprehensive dataset generated via Finite Element Limit 
Analysis (FELA), which simulates the uplift behavior of circular anchors under varying soil and geometric 
conditions. By coupling FELA’s physics-informed output with KAN’s data-driven learning, the proposed 
approach combines numerical rigor with symbolic interpretability. This hybrid framework enables the derivation 
of reliable and compact expressions for anchor stability factors, facilitating practical engineering applications.

Dataset and statistical descriptions
Table 4 provides a detailed statistical overview of the input and output variables in this study. The input variables 
include the anchor’s roughness (R), internal friction angle (ϕ), and the ratio of embedment depth to diameter 
(H/D). The output variables consist of the cohesion factor (Fc), surcharge factor (Fq), and unit weight factor (Fγ).

The anchor’s roughness (R) ranges from 0 to 1, with a mean of 0.5 and a standard deviation of 0.3340. The 
distribution of R is symmetrical, as indicated by a skewness of 0. This reflects a balanced spread of values around 
the mean, suggesting uniformity in the roughness levels of the anchors used. The internal friction angle (ϕ) 
varies from 0 to 40 degrees, with a mean of 20 degrees and a standard deviation of 12.9099. The skewness value 
of 0 also indicates a symmetrical distribution around the mean, implying that the angles are evenly distributed 
without extreme outliers. The ratio of embedment depth to diameter (H/D) ranges from 1 to 5, with a mean of 3 
and a standard deviation of 1.4142. The skewness value of 0 reflects a symmetrical distribution, showing that the 
embedment ratios are evenly spread around the average value.

In contrast, the output variables, Fc, Fq, and Fγ, exhibit considerable variability and positive skewness, 
indicating the presence of extreme values. The cohesion factor (Fc) has a mean of 17.2960, with a standard 
deviation of 23.2336 and a skewness of 1.4249. This suggests a wide range of values with a tendency towards 
higher extremes. The surcharge factor (Fq) has a mean of 6.3590, with a standard deviation of 18.3899 and a 
skewness of 2.0206. This positive skewness indicates a significant number of high values, leading to a heavy tail 
in the distribution. Similarly, the unit weight factor (Fγ) has a mean of 10.1490, a standard deviation of 34.2873, 
and a skewness of 2.2847. The high skewness reflects that while most values are clustered towards the lower end, 
there are substantial high outliers impacting the distribution.

A histogram visually represents the distribution of a dataset, highlighting the frequency of values within 
specified intervals (bins). For this dataset, which includes variables such as R, ϕ, H/D, Fc, Fq, and Fγ, the 
histograms reveal important characteristics. In Figs.  12 and 13, the input variables generally follow normal 
or uniform distributions, while the output variables (Fc, Fq, and Fγ) show skewed distributions. Specifically in 
Fig. 13, Fc peaks around 20, Fq near 15, and Fγ around 10, indicating these as the most frequent values. The 
large widths of the output histograms suggest significant variability, with wider distributions reflecting more 
variation in the data. Gaps or isolated bars, where Fc exceeds 60, Fq exceeds 40, and Fγ exceeds 50, may indicate 
potential outliers, representing extreme deviations from the dataset’s central tendency. The asymmetry in the 
output histograms suggests a bias in the data distribution, with most values clustering toward one side. It further 
demonstrates the pronounced variability and positive skewness, emphasizing the complexity and diverse nature 
of the factors influencing the uplift capacity of anchors. These characteristics highlight the need for advanced 
predictive models to capture the complex relationships of anchors in varying conditions.

In addition to histograms, the Probability Density Function (PDF) offers a detailed understanding of the 
dataset’s distribution. The PDF peaks indicate the most likely values for each variable, while the width of the PDF 
reflects variability. A narrow peak suggests low variability, and a broad distribution suggests high variability. The 

Variables Unit Notation Min Mean Std Skewness Max

Anchor’s roughness (R) – X1 0 0.5 0.3340 0 1

Internal friction angle (φ) Degree X2 0 20 12.9099 0 40.000

H/D – X3 1 3 1.4142 0 5

Cohesion factor, Fc – Y1 3.9330 17.2960 23.2336 1.4249 100.4390

Surcharge factor, Fq – Y2 1 6.3590 18.3899 2.0206 85.3210

Unit weight factor, Fγ – Y3 1 10.1490 34.2873 2.2847 168.3580

Table 4.  The statistical description of the input and output variables.
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tails of the PDF highlight extreme values or outliers, while the skewness reflects asymmetry. For example, if the 
PDF of Fc has a sharp peak, it indicates that most values are concentrated around a central point, whereas a broad 
PDF suggests a more dispersed dataset. By combining histogram interpretations with PDF analysis, it is possible 
to gain deeper insights into the data’s distribution, allowing for better identification of trends, irregularities, and 
patterns.

The heatmap of the correlation matrix shown in Fig. 14 reveals that all variables, including Fc, Fq, Fγ, and the 
input parameters such as R, ϕ, and H/D, are uncorrelated. This means that none of the variables exhibit a linear 
relationship with one another. Variations in one variable do not predict changes in any other, indicating that 
simple correlation analysis fails to capture any direct dependencies or interactions.

The absence of correlation suggests that these variables may have more complex or non-linear interactions 
that are not detected through basic correlation measures. As a result, more advanced analytical methods, such 
as non-linear regression or machine learning techniques, may be necessary to identify and understand potential 
relationships between the variables. This finding emphasizes the importance of considering more sophisticated 
models to explore any underlying patterns or dependencies within the dataset.

Kolmogorov-Arnold networks (KAN)
Kolmogorov-Arnold Networks (KAN) are founded on a theoretical framework that enables the decomposition 
of any continuous multivariate function into simpler univariate components. According to the Kolmogorov-
Arnold theorem30, it is possible to represent a multivariable function as a sum of univariate functions, thus 
simplifying complex computations and optimizations. The theorem asserts that any smooth function defined 
over a bounded domain can be expressed through nested compositions of univariate functions, with addition 
serving as the primary multivariate operation. This decomposition significantly reduces the complexity of 
solving multivariate problems. A smooth function (f : Rn → R ) can be written as:

	
f(x) =

2n+1∑
q=1

Ψq

(
n∑

p=1

ψq,p(xp)

)
,� (5)

where ψq,p are univariate functions mapping [0, 1] to R, and Ψq  are also univariate function.
However, the original formulation had limitations due to the fractal and non-smooth nature of the univariate 

functions, which made practical applications in machine learning challenging. To overcome this, KANs have 

Fig. 13.  Visualization of dataset in histograms for the output parameters: (a) Fc; (b) Fq; (c) Fγ.

 

Fig. 12.  Visualization of dataset in histograms for the input parameters (a) anchor roughness (R); (b) the 
internal friction angle (φ) in degrees; (c) H/D.
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evolved by incorporating deeper network architectures, allowing them to model the typical smoothness and 
sparsity found in real-world data. These extended architectures enhance the network’s ability to capture more 
complex relationships while still leveraging the simplicity of univariate functions.

KANs typically feature layers consisting of multiple univariate function elements arranged in a matrix-like 
fashion, with each function parameterized and trained based on input data. A typical KAN architecture consists 
of two layers: The first layer maps the multi-dimensional inputs into an intermediate space using univariate 
transformations, while the second layer combines these transformed inputs to produce a final scalar output. Like 
traditional deep learning models such as multi-layer perceptrons (MLPs), KANs can also adopt multi-layered 
architectures, enhancing their ability to approximate complex functions. What distinguishes KANs is their use 
of spline functions to parameterize activation functions, providing precise control over both the smoothness and 
accuracy of the approximations.

An important feature of KANs is their ability to improve model accuracy incrementally through a process 
known as spline grid refinement. Starting with a coarse grid, the parameters are initialized and then refined to 
a finer grid, progressively reducing approximation errors without requiring a full retraining of the model. This 
refinement is carried out as the following two steps: first, transferring parameters from the coarse grid to the 
refined grid to maintain continuity in the approximation. Second, fine-tuning the parameters on the refined grid 
to minimize errors between the coarse and refined representations, thereby enhancing overall accuracy.

The performance of KANs is also influenced by the order of the spline functions, denoted as k. Higher-
order splines provide more flexible and smoother approximations, allowing the network to achieve lower 
approximation errors with fewer parameters. The approximation error ε for a KAN with B-spline activations of 
order k with the number of parameters N as follows follows the relationship:

	 ϵ ≈ O(N−(k+1)).� (6)

This relationship suggests that the approximation error decreases more rapidly with increasing spline order, 
making KANs particularly effective for smooth function modeling. However, higher-order splines also increase 
model complexity and the number of parameters, which can affect both training time and computational 
resource requirements.

In summary, Kolmogorov-Arnold Networks offer a unique and effective approach to modeling complex 
functions by combining univariate decomposition with modern deep learning architectures43. Their ability to 
incrementally refine spline-based approximations ensures both high accuracy and computational efficiency, 
making KANs particularly well-suited for tasks that demand detailed and precise function modeling. This 
adaptability and refinement process set KANs apart from traditional neural network architectures, making them 
a valuable tool for advanced applications in fields like geotechnical engineering44.

Results and discussion
Optimizing topology
The performance of Kolmogorov-Arnold Networks (KANs) can be influenced by several key hyperparameters: 
the number of grid points, the size of the middle layers, and the spline order. As shown in Fig. 15a, increasing 
the number of nodes enhances the network’s ability to model intricate functions, resulting in lower training and 

Fig. 14.  Correlation matrix.
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test errors. However, larger networks are more prone to overfitting and require more computational resources. A 
width of 6 nodes was chosen as an optimal balance between model expressiveness and overfitting risk.

The grid points used to define spline functions within the KAN are crucial for accuracy. A higher number of 
grid points allows for a more detailed and flexible representation of the underlying function, enhancing model 
performance and reducing errors, as shown in Fig. 15b. However, too many grid points may result in overfitting. 
Thus, a grid configuration of 4 points was chosen to optimize performance while mitigating overfitting concerns.

The spline order influences both the smoothness and computational complexity of the activation functions. 
Higher-order splines provide smoother approximations but can increase computational load. Figure 15c shows 
that a spline order of 8 offers a good compromise between accuracy and computational efficiency.

The choice of optimizer plays a crucial role in the effectiveness and convergence of machine learning models. 
In this research, we compared the performance of the Limited-memory BFGS (L-BFGS) optimizer with the 
Adam optimizer. As shown in Fig. 16, the training histories of Kolmogorov-Arnold Networks optimized with 
L-BFGS and Adam demonstrate that L-BFGS outperforms Adam, achieving faster convergence and greater error 
reduction.

The training procedure is divided into two key phases to enhance model efficiency and minimize overfitting. 
In first step, training with sparsification (Epochs 0–100) involves applying sparsification techniques to the 
network, which introduces sparsity into the parameters. Figure 16 demonstrates that both optimizers perform 
similarly during this initial phase. Next, in step of Training Affine Parameters (Epochs 100–130), it focuses 
on optimizing the parameters of affine transformations applied to symbolic functions integrated into a KAN, 
ensuring that these symbolic functions are effectively incorporated into the network and contribute to accurately 

Fig. 16.  Comparison of training histories for L-BFGS and Adam optimizers.

 

Fig. 15.  Model performance across different numbers of: (a) grid points; (b) nodes in the middle layer; and (c) 
spline order.
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representing the underlying relationships in the data. The results in Fig. 16 indicate that L-BFGS consistently 
outperforms Adam in this phase, achieving lower training and validation errors.

Figure 17; Table 5 illustrate the application of Kolmogorov-Arnold Networks (KAN) for symbolic regression, 
specifically predicting the cohesion factor Fc. This approach is designed to capture relationships between key 
input variables: R; φ; and H/D and their effect on the cohesion factor.

In Fig. 17: The first part shows a fully connected network; the second part shows some connections being 
faded out, possibly simplifying the network by removing unnecessary connections; the third part highlights 
the most important connections in red, showing the final, simplified network that is crucial for predicting the 
cohesion factor.

Table 5 describes the network structure: The input layer has 3 neurons (one for each input variable); there is 
one hidden layer with 6 neurons; the output layer has 1 neuron, which predicts the cohesion factor.

The training process uses the L-BFGS optimizer (a method for minimizing the error). The model’s 
performance is evaluated using Root Mean Square Error (RMSE). Additionally, a cubic spline (spline of order 3) 
is used to help smooth and interpolate the data.

Figure 18; Table 6 show the use of Kolmogorov-Arnold Networks (KAN) for predicting the cohesion factor 
Fq. Similar to the previous network for predicting Fc, the model takes three inputs: R, φ, and H/D.

The network consists of: 3 input neurons; 1 hidden layer with 6 neurons; 1 output neuron for predicting Fq. 
The process uses the L-BFGS optimizer to minimize the RMSE, ensuring accurate predictions. A cubic spline of 
order 3 is used to help model smooth relationships between inputs and outputs.

Fig. 18.  Schematic of symbolic regression with KAN for predicting the cohesion factor Fq.

 

Network type Kolmogorov-Arnold networks

Number of neurons in the input layer 3

Number of middle layer 1

Width N in the middle layer 6

Number of neurons in the output layer 1

Number of grid points 4

Optimizer Limited-memory BFGS (L-BFGS) optimizer

Loss function RMSE

Spline of order k 3

Table 5.  Details of tuned KAN topology for predicting Fc.

 

Fig. 17.  Schematic of symbolic regression with KAN for predicting the cohesion factor Fc.

 

Scientific Reports |        (2025) 15:14549 16| https://doi.org/10.1038/s41598-025-98945-6

www.nature.com/scientificreports/

http://www.nature.com/scientificreports


Figure 18 shows the network’s evolution: The first diagram represents a fully connected network; The second 
diagram shows the important connections; The third diagram highlights critical connections in red, showing 
that H/D is especially important for predicting Fq.

Figure 19; Table 7 show the use of Kolmogorov-Arnold Networks (KAN) for predicting the cohesion factor 
Fγ. The network has 3 input neurons representing R, φ, and H/D. It features: 1 hidden layer with 4 neurons 
(smaller than previous networks); 1 output neuron predicting Fγ.

The model is optimized using the L-BFGS optimizer and evaluated with RMSE for accuracy, while a cubic 
spline (order 3) ensures smooth data representation.

In Fig. 19: The first diagram shows the fully connected network; The second diagram indicates the pruning 
of unnecessary connections; The third diagram highlights important connections in red, especially focusing on 
H/D, which plays a key role in predicting Fγ.

Assessing performance
Figure 20 provides a comparative analysis of the regression performance for predicting the cohesion factor (Fc) 
using Kolmogorov-Arnold Networks (KAN) and Artificial Neural Networks (ANN) across both training and 
testing datasets. The KAN results show that the R2 values are exceptionally high, with 1.000 for both training and 
testing datasets, indicating a perfect fit on the training data and an excellent fit on the testing data. This suggests 
that the KAN model captures the underlying patterns of the data with high accuracy. The Root Mean Square 
Error (RMSE) values are 0.299 for training and 0.368 for testing, demonstrating relatively low errors and good 
predictive performance. Similarly, the Mean Absolute Error (MAE) values are 0.235 for training and 0.276 for 
testing, reflecting the KAN’s ability to make accurate predictions with minimal absolute errors. The A10 scores, 

Network type Kolmogorov-Arnold networks

Number of neurons in the input layer 3

Number of middle layer 1

Width N in the middle layer 4

Number of neurons in the output layer 1

Number of grid points 3

Optimizer Limited-memory BFGS (L-BFGS) optimizer

Loss function RMSE

Spline of order k 3

Table 7.  Details of tuned KAN topology for predicting Fγ.

 

Fig. 19.  Schematic of symbolic regression with KAN for predicting the cohesion factor Fγ.

 

Network type Kolmogorov-Arnold networks

Number of neurons in the input layer 3

Number of middle layer 1

Width N in the middle layer 6

Number of neurons in the output layer 1

Number of grid points 3

Optimizer Limited-memory BFGS (L-BFGS) optimizer

Loss function RMSE

Spline of order k 3

Table 6.  Details of tuned KAN topology for predicting Fq.
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both 0.978, further emphasize the model’s robustness, indicating that 97.8% of the predictions fall within a 10% 
error margin.

In contrast, the ANN model shows slightly lower R2 values of 0.999 for training and 0.996 for testing, which 
are still high but slightly less perfect compared to the KAN model. The RMSE values for ANN are higher, at 
0.856 for training and 1.469 for testing, suggesting that the ANN model has larger errors compared to the KAN 
model. The MAE values for ANN are also higher, with 0.684 for training and 1.039 for testing, indicating less 
precision in predictions compared to the KAN model. The A10 scores for ANN are 0.85 for training and 0.8 for 
testing, meaning that 85% and 80% of the predictions fall within a 10% error margin for training and testing, 
respectively, which is lower than that of the KAN model.

Overall, the KAN model demonstrates superior performance compared to the ANN model, with higher 
R2 values, lower RMSE and MAE values, and better A10 scores. This indicates that KAN is more effective in 
accurately predicting the cohesion factor (Fc) and generalizes better on unseen data compared to the ANN 
model.

In Fig. 21, the regression plots for predicting the surcharge factor (Fq) using Kolmogorov-Arnold Networks 
(KAN) and Artificial Neural Networks (ANN) across both training and testing datasets are presented. For the 
KAN model, the R2 values are perfect at 1.000 for both training and testing datasets, indicating a flawless fit on 
the training data and an excellent fit on the testing data. This suggests that the KAN model effectively captures 
the underlying relationships in the data. The Root Mean Square Error (RMSE) values are 0.253 for training 
and 0.260 for testing, reflecting low error levels and strong predictive performance. The Mean Absolute Error 
(MAE) values are 0.204 for training and 0.223 for testing, further highlighting the accuracy of the KAN model 
with minimal absolute errors. The A10 scores are 0.8 for both training and testing, meaning that 80% of the 
predictions fall within a 10% error margin, demonstrating good predictive reliability.

In comparison, the ANN model shows very high R2 values of 0.998 for training and 0.994 for testing, 
indicating strong performance, though slightly less perfect than the KAN model. The RMSE values for ANN are 
higher, at 0.717 for training and 1.528 for testing, suggesting that the ANN model has greater prediction errors 
compared to the KAN model. The MAE values for ANN are also higher, with 0.546 for training and 0.951 for 
testing, indicating less precision in predictions relative to the KAN model. The A10 scores for ANN are lower, 

Fig. 20.  Regression plots for Fc: (a) KAN with training data; (b) KAN with testing data; (c) ANN with training 
data; (d) ANN with testing data.

 

Scientific Reports |        (2025) 15:14549 18| https://doi.org/10.1038/s41598-025-98945-6

www.nature.com/scientificreports/

http://www.nature.com/scientificreports


at 0.65 for training and 0.556 for testing, meaning that 65% and 55.6% of the predictions fall within a 10% error 
margin for training and testing, respectively.

Overall, the KAN model demonstrates better performance compared to the ANN model in predicting the 
surcharge factor (Fq), with higher R2 values, lower RMSE and MAE values, and higher A10 scores. This indicates 
that KAN provides more accurate and reliable predictions and performs better in generalizing to new data 
compared to the ANN model.

Finally, in Fig.  22, the regression plots for predicting the unit weight factor (Fγ) are presented using 
Kolmogorov-Arnold Networks (KAN) and Artificial Neural Networks (ANN) across both training and testing 
datasets. For the KAN model, the R2 values are perfect at 1.000 for training and 0.999 for testing, indicating an 
excellent fit on both datasets. This high R2 value suggests that the KAN model accurately captures the underlying 
relationships in the data. The Root Mean Square Error (RMSE) values are 0.723 for training and 1.055 for testing, 
demonstrating relatively low prediction errors. The Mean Absolute Error (MAE) values are 0.541 for training 
and 0.722 for testing, indicating that the KAN model has a high degree of precision in its predictions. The A10 
scores are 0.767 for training and 0.778 for testing, meaning that 76.7% and 77.8% of the predictions fall within a 
10% error margin, respectively, highlighting the model’s robust predictive performance.

In comparison, the ANN model has R2 values of 0.996 for training and 0.986 for testing. While still high, 
these values are lower than those of the KAN model, indicating slightly less optimal fit. The RMSE values for 
ANN are higher, at 2.225 for training and 4.372 for testing, suggesting that the ANN model has larger prediction 
errors compared to the KAN model. The MAE values for ANN are also higher, with 1.438 for training and 2.385 
for testing, reflecting reduced precision in predictions. The A10 scores for ANN are 0.578 for training and 0.533 
for testing, showing that only 57.8% and 53.3% of the predictions fall within a 10% error margin, respectively, 
which is lower compared to the KAN model.

Overall, the KAN model outperforms the ANN model in predicting the unit weight factor (Fγ), with higher 
R2 values, lower RMSE and MAE values, and better A10 scores. This indicates that KAN provides more accurate 
and reliable predictions and demonstrates superior generalization to new data compared to the ANN model.

In summary, the regression analyses presented in Figs. 20, 21 and 22 highlight the robustness and precision 
of the Kolmogorov-Arnold Networks (KAN) model in predicting the three anchor stability factors (Fc, Fq, and 

Fig. 21.  Regression plots for Fq: (a) KAN with training data; (b) KAN with testing data; (c) ANN with training 
data; (d) ANN with testing data.
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Fγ). Across all three factors, the KAN model consistently demonstrates superior performance compared to the 
Artificial Neural Network (ANN) model.

Sensitivity analysis
The SHAP (SHapley additive exPlanations) values
As shown in Fig.  23, the SHAP (SHapley Additive exPlanations)45 values provide valuable insights into the 
relative importance of the stability factors Fc, Fq, and Fγ.

For the height-to-diameter ratio (H/D), the SHAP values are 18.8 for Fc, 13.9 for Fq, and 8.2 for Fγ. These 
values indicate that H/D is most influential in predicting Fc, but its impact decreases as we move to Fq and Fγ. 
This suggests that while H/D remains an important factor, its role diminishes when predicting Fγ, contrary to the 
earlier interpretation where it was thought to increase in importance. In comparison, the soil friction angle (φ) 
plays a steady and essential role across all stability factors, with SHAP values of 16.3 for Fc, 10.7 for Fq, and 10.9 
for Fγ. These nearly consistent values show that φ is a crucial factor in predicting anchor stability, particularly for 
Fγ, where its impact is more pronounced relative to H/D.

On the other hand, the impact of anchor roughness is minimal, as evidenced by its SHAP values, which are 
almost zero for Fc, Fq, and Fγ. This indicates that anchor roughness has a negligible effect on the predictions of 
these anchor stability factors, suggesting that other factors, such as H/D and φ, are more critical in determining 
the anchor stability.

Overall, the SHAP analysis reveals that H/D is most critical for Fc but less so for Fγ, while ϕ has a consistent 
and significant impact across all stability factors, particularly influencing Fγ. The anchor roughness (R) remains 
largely irrelevant, highlighting its limited contribution within the modeled range (R = 0 to 1).

This result is particularly meaningful for real-world applications, where variability in interface roughness 
may arise due to construction tolerances, manufacturing inconsistencies, or field installation techniques. The 
negligible SHAP values for R suggest that such variability has little influence on uplift capacity in frictional-
cohesive soils. Consequently, engineers can focus design efforts on optimizing key parameters like embedment 
ratio (H/D) and friction angle (ϕ), which have much stronger influence on performance, rather than investing in 
enhancing surface roughness unless project-specific data suggest a significant deviation.

Fig. 22.  Regression plots for Fγ: (a) KAN with training data; (b) KAN with testing data; (c) ANN with training 
data; (d) ANN with testing data.
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Partial dependence plots (PDPs)
Partial dependence plots (PDPs) are a useful visualization tool in machine learning that can be used to 
demonstrate the relationship between a target variable and one or more features. By isolating the effects of 
individual features, PDPs help provide a clearer understanding of how each feature influences the model’s 
predictions, making them particularly useful for interpretability46–48. The effects of each input variable on the 
cohesion factor Fc are illustrated in Fig. 24. Anchor roughness (R) has a negligible impact on Fc, as the factor only 
increases slightly from 26.265 to 26.290 when transitioning from smooth to rough conditions. In contrast, both 
the soil friction angle (φ) and the height-to-diameter ratio (H/D) exhibit significant effects on Fc. As φ increases 
from 0 to 40 degrees, Fc rises dramatically from 10 to over 45, demonstrating a pronounced sensitivity to changes 
in soil friction. Similarly, Fc increases from 2 to more than 50 as H/D varies from 1 to 5.

Figure 25 shows the impact of each input variable on the surcharge factor Fq. As with Fc, anchor roughness 
(R) has a minimal effect on Fq, with the value changing only slightly from 14.586 to 14.592 from smooth to rough 
condition. Both φ and H/D, however, have significant effects on Fq. The factor Fq increases dramatically from 1 
to over 40 as φ increases from 0 to 40 degrees, reflecting a strong non-linear relationship. Similarly, Fq rises from 
1 to more than 28 as H/D increases from 1 to 5, further illustrating the pronounced sensitivity of Fq to changes 
in these variables.

Figure 26 presents the effects of each input variable on the surcharge factor factor Fγ. Anchor roughness (R) 
again shows negligible influence, with Fγ increasing only slightly from 24.475 to 24.625 from smooth to rough 
condition. In contrast, φ and H/D both have a substantial effect on Fγ. As φ increases from 0 to 40 degrees, Fγ 
rises from 1 to over 60, demonstrating a strong non-linear relationship. Similarly, Fγ increases from 1 to more 
than 60 as H/D varies from 1 to 5. Both φ and H/D exhibit a pronounced non-linear relationship with Fγ, 
highlighting their critical role in determining the anchor stability.

Mathematical modeling for hand calculation
In this section, we provide mathematical equations for evaluating the anchor stability factors Fc, Fq, and Fγ 
for the circular anchor on frictional-cohesive soils. These models are formulated to facilitate hand/spreadsheet 

Fig. 24.  Partial dependence plots for Fc.

 

Fig. 23.  SHAP values for key input variables.
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calculations, making them accessible for practical engineering applications. The variables used in the models 
include the height-to-diameter ratio (H/D) and the internal friction angle φ.

The cohesion factor Fc - see Eq. (7):

	

Fc = 50.69025 ·
(
−0.02434 · (0.20257 − ϕ)2 + (1 − 0.1645 · R)2 + 0.05544 ·

∣∣0.23597 · H/D − 7.63016
∣∣ − 0.7908

)2

−77.19102 ·
(

0.07383 · (1 − 0.02854 · H/D)2 + 0.10078 · (1 − 0.23546 · R)2

+5.0 · 10−5 · |10.0 · ϕ − 6.69999980926514| + 1

)2

−1.02758 ·
(

0.07831 · (−0.46431 · ϕ − 1)2 − 0.00757 ·
∣∣8.99157 · H/D − 8.1752

∣∣
−0.09741 · |5.92635 · R − 7.77175| + 1

)3

+11.95836 ·
(

−0.00403 ·
∣∣5.19974 · H/D − 9.99672

∣∣ − 0.09007 · |3.99777 · R − 6.79489|
−0.00088 · |9.97999954223633 · ϕ − 1.43656| + 1

)4

−0.18958 ·
∣∣∣∣
19.70699 · (1 − 0.10273 · R)4 + 0.04289 ·

∣∣9.99999 · H/D + 10.0
∣∣

+0.01491 · |9.8 · ϕ − 2.25600004196167| − 5.05583

∣∣∣∣

−0.0259 ·
∣∣∣∣
0.37329 · (ϕ + 0.74)2 + 0.09292 ·

∣∣1.60004 · H/D − 9.96992
∣∣

−0.00076 · |8.0 · R − 10.0| − 2.76609

∣∣∣∣ + 96.01002

� (7)

The surcharge factor Fq - see Eq. (8):

Fig. 26.  Partial dependence plots for Fγ.

 

Fig. 25.  Partial dependence plots for Fq.
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Fq = 70.74632 ·
(
0.00013 · (0.512 − ϕ)2 + (1 − 0.09036 · R)4 − 0.01144 ·

∣∣1.38888 · H/D − 4.9672
∣∣ − 0.53967

)4

+0.00301 ·
(

0.00048 · (0.56 − ϕ)3 − 0.02617 · (−0.02444 · H/D − 1)
4

+0.00194 · |2.4489598274231 · R − 9.79584| − 1

)4

+0.01032 ·
(

0.14312 · (1 − 0.03869 · H/D)
3

+ (1 − 0.22369 · R)2

−0.0019 · |9.99847984313965 · ϕ − 4.08399963378906| − 0.52075

)2

−20.61279 ·

(
−0.41293 · (1 − 0.0242 · H/D)

2

−0.69319 · (−0.03241 · R − 1)4 − 0.00017 · |9.99748039245605 · ϕ − 6.916| + 1

)2

+0.33594 ·

(
2.0 · 10−5 · (1 − 0.240000009536743 · R)4

−0.00307 ·
∣∣0.61192 · H/D − 9.1788

∣∣ − 8.0 · 10−5 · |9.96 · ϕ − 8.204| − 1

)3

−0.19782 ·

∣∣∣∣∣
−0.00015 · (0.5076 − ϕ)4 + 0.00103 · (1 − 0.36001 · R)4

−0.02253 ·
∣∣9.53000068664551 · H/D − 1.01624

∣∣ + 6.21838

∣∣∣∣∣ + 4.75739.

� (8)

The unit weight factor Fγ - see Eq. (9):

	

Fγ = 1.3912903 ·
(
−0.0440947 · H/D − 0.0041571 · (−0.6186685 · R − 1)4 − 0.0229839 · (−0.24 · ϕ − 1)2 + 1

)4

+1079.6599978 ·
(
−0.0044947 · H/D − 0.0047145 · (0.2741025 − ϕ)4 + (1 − 0.0261729 · R)2 − 0.9086928

)2

+15.3281704 ·
(

0.0287093 · (0.2718242 − ϕ)2 + (1 − 0.0205289 · H/D)2

−0.2917091 · (1 − 0.5279434 · R)2 − 0.2327878

)4

+35.3157388 ·
(

−0.165813 · (0.4180085 − ϕ)4 + 4.09 · 10−5 · (−0.7394909 · H/D − 1)3

−0.0677997 · (−0.1609533 · R − 1)4 + 1

)4

− 15.0894163.

� (9)

These mathematical models provide an efficient and accurate approach for estimating the three anchor stability 
factors: Fc, Fq, and Fγ. The model parameters are carefully derived to account for the complex interactions 
between the height-to-diameter ratio (H/D) and the internal friction angle (ϕ). While the closed-form solutions 
from these optimal models are comprehensive, they may be too lengthy and cumbersome for hand calculations. 
Nonetheless, implementing these solutions in spreadsheets offers a practical alternative. The detailed formulations 
of these three models are expressed as follows:

The complex form of Fc.

Fc = −158.54333 ·
(

−0.06311 · sigmoid(0.25596 · H/D − 2.45015) − 0.26471
· sin(6.02558 · R − 9.92327) + 1.0 · 10−5 · sin(6.23958 · ϕ − 3.00692) + 1

)2

−37.20929 · sigmoid(−0.00468 · (−0.46414 · ϕ − 1)2 − 2.92665 · sin(9.99227 · H/D − 1.97847)
−3.08076 · sin(0.70978 · R − 8.73413) + 3.64498) − 16.76983 · sin(−0.00422 · (0.20261 − ϕ)2

+2.69098 · sigmoid(2.08764 − 0.84682 · R) + 39.11408 · sin(8.80021095275879 · H/D − 8.23062) + 37.26608)

−0.09612 · sin(7.27767 · (−ϕ − 0.73989)2 + 2.29388 · sin(2.64017 · H/D − 2.14579)
+0.05576 · |7.9999 · R − 10.00005| − 14.4597) − 0.49393 · sin(0.04209 · sin(3.66679000854492 · ϕ + 6.9663)

+18.01896 · tanh(0.39228 · R + 1.33353) − 0.03737 ·
∣∣10.00115 · H/D + 9.99881

∣∣ − 16.04791)

+10.8289 · tanh(14.19757 · sin(10.03946 · H/D − 8.22589) + 20.56399 · sin(0.77282 · R − 2.64762)
+0.00627 · tanh(3.2582 · ϕ − 2.20795) − 9.82714) + 160.48258
The complex form of Fq

Fq = −0.62175 ·
(

0.07446 · (0.56 − ϕ)3 + 0.01014 · (−0.02447 · H/D − 1)
4

−0.00867 · sin(4.82656 · R + 0.912) − 1

)4

−0.20329 ·
(

−0.15248 · (1 − 0.0387 · H/D)
3

+ sin(6.64319 · R + 9.42)
+0.01246 · sin(6.7291202545166 · ϕ − 0.56663990020752) + 0.42728

)2

−14.12074 ·
(

−0.53237 · (1 − 0.02392 · H/D)
2

− 0.7162 · (−0.03151 · R − 1)4

+0.00125 · sin(5.93912 · ϕ + 3.41256) + 1

)2

−1.60775 ·
(

0.81448 · (1 − 0.24 · R)4 − 0.03168 · sin(5.20706 · H/D + 8.50013)
−8.0 · 10−5 · |9.96 · ϕ − 8.204| − 1

)3

−8251.23242 · sigmoid(−0.00396 · (0.512 − ϕ)2 + 1.31874 · sin(7.6067 · H/D + 1.45939)
−45.43742 · tanh(0.17482 · R + 1.38987) + 50.17584) − 0.41537 · tanh(1.96513 · (0.5076 − ϕ)4

+2.64996 · (1 − 0.36 · R)4 − 53.53826 · sin(8.80806922912598 · H/D + 5.98377) − 6.37116) + 8253.11528.

The complex form of Fγ
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Fγ = 1573629.542 ·
(

−0.00498 · (0.41927 − ϕ)4 + 0.13747 · sigmoid(6.64154 − 0.13943 · H/D)
−0.92291 · tanh(0.31996 · R − 3.12084) − 1

)4

+66.85674 ·
(

− sin(7.56303 · H/D − 6.3111) + 0.34861 · sin(0.97603 · R + 5.97284)
+0.00239 · sin(4.00282 · ϕ − 5.9831) + 0.02951

)4

−153.87439 · sigmoid(−1.18303 · sin(3.80265 · H/D − 0.64466) − 1.21377 · tanh(0.71057 · R − 1.2582)
−0.00807 · tanh(9.78330993652344 · ϕ − 7.94905) + 2.32101) + 1.16218 · tanh(1.0895 · (−0.23839 · ϕ − 1)2

+178.50594 · sin(8.80467 · H/D + 0.41231) + 30.72585 · tanh(0.5543 · R − 2.88755) − 94.34771) + 139.03192.

An important advantage of the derived closed-form solutions is their compatibility with widely used 
spreadsheet software (e.g., Microsoft Excel). These formulas consist solely of basic arithmetic operations—
addition, subtraction, multiplication, division, and exponentiation—which makes them easy to implement 
without requiring any programming expertise. In contrast to conventional ANN-based models, which often 
rely on specialized software or numerical libraries, the KAN-based expressions can be directly embedded 
into spreadsheet cells. This enables engineers to input project-specific parameters—such as soil friction angle, 
embedment ratio, and interface roughness—and instantly compute the corresponding stability factors (Fc, Fq, 
and Fγ). The ease of integration not only supports rapid and transparent design iterations but also lowers the 
technical barrier to adoption, making the proposed methodology especially suitable for routine geotechnical 
engineering practice.

Furthermore, these closed-form KAN-based expressions empower engineers to perform rapid, spreadsheet-
driven estimations of anchor uplift capacity, which is particularly valuable during preliminary or conceptual 
design stages. Owing to their high predictive accuracy, these models can serve as effective alternatives to 
computationally intensive simulations in early-phase assessments. In addition, interpretability tools such as SHAP 
and PDP analyses offer meaningful insights into parameter influence—revealing, for instance, that increasing 
the embedment ratio (H/D) or selecting soils with higher internal friction angles yields more substantial gains 
in capacity than modifying interface roughness. These practical insights align well with common geotechnical 
workflows, where time-efficient, data-informed tools are essential for both optimization and risk mitigation.

Conclusions
This study developed a novel framework combining Finite Element Limit Analysis (FELA) with Kolmogorov-
Arnold Networks (KAN) to predict the uplift capacity of circular anchors in frictional-cohesive soils under 
surcharge loading. The three Terzaghi-based stability factors i.e., Fc, Fq, and Fγ, were modeled using KAN, 
offering closed-form predictive expressions validated against benchmark data.

KAN models significantly outperformed conventional Artificial Neural Networks (ANNs) across all regression 
metrics, achieving R² values above 0.998 and substantially lower RMSE and MAE values, demonstrating excellent 
accuracy and generalization. The resulting closed-form equations are easily integrated into spreadsheet tools, 
enabling fast and practical estimation of uplift capacity in routine design.

Sensitivity analysis revealed that embedment ratio (H/D) and soil friction angle (ϕ) are the dominant 
contributors to uplift capacity, while anchor roughness had negligible influence—an insight that supports 
targeted design optimization.

The current study is limited to circular plate anchors in homogeneous frictional-cohesive soils under 
axisymmetric conditions, using a Mohr-Coulomb material model without accounting for layering, anisotropy, 
or time-dependent effects. As such, direct applicability to other anchor types (e.g., helical, drag embedment49, 
group anchors) or complex soil profiles is limited. However, the flexible FELA–KAN framework can be extended 
by retraining on more diverse datasets. Future research should explore incorporating spatial variability50, 
probabilistic failure modeling, and additional geometric or installation-related factors to broaden applicability.

This study bridges theoretical modeling with practical application, offering interpretable, reliable, and 
engineer-friendly tools for the design of anchor systems in complex geotechnical settings.

Data availability
The authors confirm that the data supporting the findings of this study are available within the article [and/or] 
its supplementary materials.
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